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On page xli for five Ions capacity read eight 

toBH capacity. 
On page xlii tor three pounds of ice-melling 

capacity read seven pounds of ice-meiiliitr 

capacity. 
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PREFACE. 



This masterly essay^ by M. Ledouz, 
giving a thermodynamic discussion of the 
^ various fluids used for the artificial pro- 

duction of cold^ was published in the 
" Annales des Mines '^ about twelve 
years ago. The essay, as translated and 
published in Van Nostrand's Science 
J Series, has proved a valuable source of 

"è information to those who thoroughly 

investigated its contents. 

Leading makers of refrigerating ma- 
chineiy have found it to their interest 
to be guided by the numerical results of 
M. Ledoux; and theoretical writers are 
indebted to him for the general method, 
by which the latent heat and density of 
ammonia and sulphur dioxide were 
arrived at theoretically, at a time when 
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no experimental determinations of these 
important constants were known. 

The mathematical treatment of the 
subject was very elaborate and well illus- 
trated by numerical examples showing 
the relative value of air, ether, sulphur 
dioxide, and ammonia, as used in com- 
pression and absorption systems, but as 
all figures in the translation remained in 
metric units, the value of the work has 
been appreciated by few engineers. 

The present revision of the Van 
Nostrand translation has been under- 
taken to make Ledoux^s work more 
available to American students. All 
figures have been transformed to English 
units, all results expressed in the units 
commonly used in American practice, 
and many typographical errors elimi- 
nated from the text. 

Intermediate steps not fully indicated 
in the original have been supplied in the 
form of foot-notes. The latter have 
also been liberally introduced to empha- 
size important points of the text, and to 
call attention to modifications of the 



author^s views, suggested by the most 
recent practice and experiments. 

Some of the most intricate analysis 
regarding air is unnecessary in calculat- 
ing the tables of performance. It, how- 
ever, is excellent material for teachers of 
thermodynamics, seeking exercises in 
applied mathematics for their students, 
as are, also, the differential equations 
used to establish the adiabatic relations 
of superheated vapors of ammonia and 
sulphur dioxide. 

Tables of the properties of carbonic 
acid and of the " Pictet fluid/' as far as 
yet known, have been added, and the 
numerical examples have been made to 
include carbonic acid, by the use of the 
formulae published by Prof. Schroter of 
Munich, and also water-vapor, as used 
in "vacuum ice machines.^' Several 
tables have been added to more com- 
pletely compare the theoretical perform- 
ance of the compression and absorption 
systems of ammonia machines. 

The experimental determinations now 
available for the latent heat of ammonia 
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are, one by Regnault at 53.0 degrees 
Falir., one by Strombeck at 64 degrees 
Fahr., and six by Denton at various 
temperatures between —10.7 and 87.7. 
These agree with the theoretical forecast 
of Ledoux within from 1 to 5 per cent. 
Experiments on the latent heat of sul- 
phur dioxide, between 14 and 68 degrees 
Fahr., by Mathias, Favre and Silber- 
mann, and Chappuis, agree within 3 per 
cent, with Ledoux's calculations. 

These results are detailed in a supple- 
ment to Ledoux's appendix. 

Until the density of ammonia vapor at 
atmospheric pressure, upon which all 
theoretical formulae for latent heat 
mainly depend, shall be better known, 
we may adhere to the values given in 
Ledoux's table of the properties of am- 
monia. The probable discrepancy of 
his figures is within the effect due the 
possible error of this density, and within 
the vai'iation of duplicate experimental 
determinations of the latent heat. We 
have, therefore, not altered the values in 
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the tables for ammonia at the end of the 
work, notwithstanding that the value 
used by Ledoux for the constant C in 
Zeuner's fundamental formula (equation 
86) is about 75 per cent, too large. We, 
however, give the values for ammonia, in 
our appendix, corrected for this error in 
the value of 0, as obtained from tables 
in the latest edition of Zeuner's " Ther- 
modynamik."' In the appendix we have 
also compared the theoretical deductions 
of Wood and Peabody, and the experi- 
mental results of Eegnault, Mathias, 
Favre and Silbermann. 

It was the intention of the revisers to 
write such an introduction as might give 
to the practical reader, desirous of avoid- 
ing lengthy mathematical demonstra- 
tions, a comprehensive view of the theo- 
retical and practical results arrived at in 
Ledoux^s essay. Such an introduction 
having been nearly completed, proved to 
be much too bulky for the place intended 
for it, and it has therefore been decided 
to allow it more space, and to issue it 
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as a separate and subsequent volume. 
This will give full descriptions of the 
principal refrigerating plants and dis- 
cuss the definite results of their use. 

HoBOEEiT, July, 1893. 
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INTRODUCTION. 



The units adopted to express the re- 
frigerating effect throughout the text 
are, as follows : 

1st. Useful Effect, which is used to 
represent the refrigeration in British 
thermal units, produced by a unit of 
substance at the lowest temperature of 
the cycle, divided by the foot-pounds of 
work required to compress this unit of 
substance without friction. The useful 
effect is therefore represented by the gen- 
eral expression 



Q - Q." 

Qj = heat abstracted from substance. 
Q = heat given to substance, as from a 
bath of brine, or the refrigerating effect. 
A = reciprocal of Joule^s equivalent. 
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2d. The Ice 'melting Capacity per 
pound of coal. This is used in all tables 
to represent the equivalent of the " use- 
ful effect/' Q, being expressed in pounds 
of imaginary ice by dividing by 142.2 
British thermal units^ the latent heat of 
fusion of ice; and Q — Q» being ex- 
pressed in pounds of coal^ on the assump- 
tion that three pounds of coal is con- 
sumed per hour per indicated horse- 
power. This rate of coal consumption 
corresponds to the use of a good non- 
condensing autopiatic engine^ having 
a boiler utilizing about 10,000 British 
thermal units per pound of coal. For 
more economical engines the figures in 
the tables are proportionately reduced. 

3d. To represent the total refrigerat- 
ing output of a machine the term " tons 
of ice-melting capacity " per 24 hours is 
used in the tables. This represents the 
equivalent of Qj multiplied by the num- 
ber of units of the refrigerating sub- 
stance circulated in 24 hours and divided 
by 2000 times the latent heat of fusion 
of ice. 
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The tables also give in gallons per 
ton of ice-melting capacity " the 
amount of cooling water required to 
condense the refrigerating substance. 
When water must be bought at an 
expense of about one dollar per 1000 
cubic feet^ it is about equal to the coal 
as an element of cost^ at a price of four 
dollars per ton. 

It is to be understood that the perform- 
ance of a machine, expressed in pounds 
or tons of "ice-melting capacity/* does 
not mean that the refrigerating machine 
would make the same amount of actual 
ice, but rather that the cold produced is 
equivalent to the effect of the melting of 
ice at 32 degrees to water of the same 
temperature. 

In order to measure the ice-ymlting ca- 
pacity y as defined above, it is necessary 
that the refrigerating fluid, when at its 
lowest temperature, should be circulated 
in an insulated bath of non-freezable 
liquid, such as brine, and the latter, by 
circulation in contact with some source of 
heat, must vary in temperature through 
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a fixed range between the outlet and 
inlet of the brine reservoir. The quan- 
tity of brine circulated per unit of time, 
its range of temperature and its specific 
heat being then determined by measure- 
ment, the refrigerating effect per unit of 
coal required to operate the apparatus, or 
per 24 hours, may be stated as equivalent 
to the cold required to freeze water at 32 
degrees Fahr. into ice at the same tem- 
perature. These results will then be 
directly comparable with the second and 
third units defined above. 

In making artificial ice the water frozen 
is generally about 70 degrees in tempera- 
ture when submitted to the refrigerating 
effect of a machine; second, the ice is 
chilled from 12 to 20 degrees below its 
freezing-point ; third, there is a miscel- 
laneous dissipation of cold, not exactly 
definable, from the exposure of the brine 
tank and the manipulation of the ice 
cans — therefore, the weight of actual ice 
made, multiplied by its latent heat of 
fusion, 142.2 thermal units, represents 
only about three-fourths of the cold pro- 
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duced in the brine by the refrigerating 
fluid * per indicated horse-power of the 
steam-engine driving the compressing 
pumps. Again, there is considerable fuel 
consumed, in ice-making, to operate the 
brine circulating pump, the condensing 
water and feed pumps, and to reboil, or 
purify, the condensed steam from which 
the ice is frozen. This fuel, together 
with that wasted in leakage and drip 
water, amounts to about one- half that 
required to drive the main steam -engine, f 
Hence, the pounds of actual ice manu- 
factured from distilled water is just about 
half the equivalent of the refrigerating 
effect produced in the brine per indicated 

* It Is shown below that the cold produced in the brine 
may be only about three-fourths of that due to the 
latent heat of the weight of ammonia corresponding to 
the displacement of the compressors and the suction 
pressure density of the saturated vapor, as the heating 
of the ammonia by the walls of the cylinder makes the 
weight of ammonia usefully vaporized about 2&% less 
than this theoretical amount, assuming no loss by 
clearance, leakage, or valve slip. 

t When ice is raade directly from natural water by { -^ 
means of the ** plate system,^^ about half of the fuel, ^ L^ 
used with distilled water, is saved by avoiding the re- ' 
boiling operation, and using steam expansively in a 
eompound engine. 
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Of the refrigerating fluids which have 
been, or which still are, used in practice, 
there are no records regarding air and 
ether which enable us to state the ice- 
7nelting capacity. Ether machines, used 
in India, are said to have produced about 6 
pounds of actual ice per pound of fuel con- 
sumed, which would roughly prove that 
they realized as great a proportion of their 
theoretical efficiency as will be shown 
below to be obtainable from ammonia and 
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horse-power of the steam cylinders; that 
is, half the ice-melting capacity as defined 
in the second and third of the above 
units. '■>>'" 

loll II 

It is therefore to be understood that m-^t» 

\\iit«- 

the term ice melting capacity means the '*;'»'•> 

cold produced in an insulated bath of n'uu. 

brine, on the assumption that each 142.2 . n.. 

B. T. U. abstracted from the brine, rep- ^ aL 
resents one pound of ice. 

COMPARISOiî^ OF THE RESULTS OF ThEO- '^1 

RY WITH Experimental Measure- ^'' 

MENTS OF Refrigerating Machines 
IN Practice. 
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sulphur dioxide. The ether machine is, 
however, obsolete, because the density of 
the vapor of ether, at the necessary work- 
ing pressure, requires that the compress- 
ing cylinder shall be about 6 times larger 
than for sulphur dioxide, and 17 times 
larger than for ammonia. Air machines 
require about 1.2 times greater capacity 
of compressing cylinder, and are, as a 
whole, more cumbersome than ether ma- 
chines, but they remain in use on ship- 
board, because the use of air incui*s no 
such risk of destruction of provisions 
preserved by cold, as exists by danger 
from leakage when such chemicals as 
ammonia or sulphur dioxide are used'.* 
There are also no records of the measure- 
ment of the performance of air machines 
by the use of a bath of brine, as described 
above, which enable the ice-melting car 
pctcity to be stated, the air, at its lowest 
temperature, being either discharged free 
into the chambers to be cooled, as in the 

* Ammonia compression machines with brine circula- 
tion have, however, now been successfully introduced 
on some of the large Transatlantic liners. 
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Bell- Coleman system for example, or cir- 
culated through closed pipes lodged 
within such chambers, as in the Allen 
Dense Air machine. All measurements 
of performance of air machines have, 
therefore, been based upon the determina- 
tion of the range of temperature of the air 
between its entrance to the compressing 
cylinder and to the chamber to be cooled, 
combined with the weight of air circu- 
lated, the latter being computed from the 
displacement of the compression or the 
expansion cylinder, by the aid of indicator 
cards. 

Tests of Air Machines. 

A good example of the above method 
of determination of performance of air 
machines is published by Prof. Schroter 
of Munich, for a Bell-Coleman machine, 
compressing air to about four atmos- 
pheres, and the result shows a refriger- 
ating effect equivalent to 3.4 lbs. of ice^ 
melting capacity per pound of coal re- 
quired to drive the steam-engine, assum- 
ing 3 lbs. of coal per hour per horse-power 
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as the economy of the engine. This re- 
sult is 43.1^ of the theoretical result, 
computed upon thermodynamic princi- 
ples, including an allowance for friction 
of mechanism of about 22^ of the power 
of the steam cylinder, which was the ac- 
tual friction as deduced from the indi- 
cator cards given by Prof. Schroter, 
samples of which are shown in Fig. A. 
A similar measurement of performance 
of a closed cycle air machine, compress- 
ing the air from 39 lbs. to 160 lbs. above 
the atmosphere, gives 3.0 lbs. of ice-melt' 
ing capacity, or 37^ of the theoretical 
results. Such a machine, by receiving 
the air at higher density than that cor- 
responding to atmospheric pressure, has 
a proportionately smaller compressing 
cylinder than the ordinary type of air- 
machine. The details of both of these tests 
are given in lines 22 and 23 of Table 1. 
The principal cause of the large difference 
between the theoretical and actual effi- 
ciency of air machines is the fact that the 
temperature of the air leaving the ex- 
pansion cylinder is very much higher than 
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theory indicates for adiabatic expansion, 
even taking into account all possible in- 
fluence of moisture. Thus, in the Bell- 
Coleman machine the theoretical temper- 
ature, due to the pressure to which the 
air was compressed, is —109 degrees 
Pahr., while the actual temperature was 
only — 53 degrees. This result is not due 
to any deficiency in the adiabatic law of 
temperature, but probably to a rapid ab- 
sorption of heat by the air by its contact 
with the metallic parts of the machine. 
Another cause of loss of theoretical effect 
is in the fall of pressure through wire- 
drawing of the air in passing from the 
compressing to the expanding cylinder. 
The amount of this is shown by the super- 
position of the compression and expan- 
sion indicator cards in Fig. A. It will 
be noticed that the compression line 
practically coincides with the adiabatic 
D 0, notwithstanding that, by water in- 
jected into the compression cylinder the 
temperature of the air at its exit from 
this cylinder was only about 82 degrees 
Fahr. 
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Ammonia Machines — Absorption 

Type. 

Several tests of this type of machine 
have been published by Prof. Schroter 
of Munich, as a preliminary report of the 
Munich Polytechnic Commission; but 
the data do not permit the ice-melting 
capacity to be satisfactorily determined, 
as the machines were devoted to ice- 
making. 

Allowing for the difference in the ice- 
melting and ice-producing capacities, the 
results obtained are, however, nearly the 
same as those given in Table I for a Pon- 
tefex absorption machine, in which the 
data is approximately complete for sci- 
entific purposes. {Vide Trans. Amer. 
Soc. Mech. Engrs., Vol. X., p. 792.) 
The ammonia was worked between 138 
and 23 lbs. pressure above the atmos- 
phere. The icMnelting capacity per 
pound of coal was 20.1 lbs. on a basis of 
boiler economy equivalent to 3 lbs. of 
steam per indicated horse-power in a 
good non-condensing steam-engine. This 
result realizes 52.2^^ of the theoretical 
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effect dae to pure anhydrous ammonia, 
with no losses by imperfect action in any 
part of the apparatus. Detailed results 
are given in Table A and at the close of 
this Introduction. The principal losses 
are: 

First. The steam to drive the am- 
monia circulating pump, which exhausted 
into the atmosphere, and used 16.4^ of 
the total steam at the rate of about 150 
lbs. per hour per horse-power of the 
pump. 

Second. The heat carried off from the 
weak liquor by the water from the ab- 
sorber, which was equivalent to 19.7^ of 
the steam consumption. 

Third. Five per cent, of the weight 
of ammonia circulated is, on theoretical 
grounds,* believed to have been en- 
trained with the ammonia throughout 
the cycle of the machine, which would 
cause a loss of 16.7^ of the theoretical 
effect. The heat distribution is given in 
detail at the close of this Introduction. 



* For argument on which this assumption is based, 
see Stevens*" Indicator^ January-, 1882. 
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It is probable that more liberal propor- 
tions of the interchanger, or improve- 
ments in eliminating entrained water, 
and the saving of circulating-pump 
steam, possible by arranging this pump 
to exhaust into the generator, would en- 
able the realization of about 65^ of the 
theoretical effect, a figure which, as 
shown below, is attained by the compres- 
sion type of machine under average con- 
ditions. For low back-pressures, theory 
indicates that the absorption macliine is 
superior in economy to the compression 
machine, even when the latter has the 
advantage of being driven by a compound 
steam-engine. Table B illustrates this, 
but experiments are needed to test the 
truth of the conclusions. Such experi- 
ments are about to be made by the 
writers on a large Pontifex plant. 

Ammonia Machines — Compkession 

Type. 

Very complete determinations of ice- 
rnelting capacity of this type of machine 
are now available. Ten exp erimen ts have 
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been published by Prof. Schroter, as secre- 
tary of the Munich Commission, using 
a plant erected for experimental use. 
Lines 1 to 10 of Table I give the results 
in English units. The ice-^ielting capa- 
city (col. 17) ranges from 46.29 to 16.14 
lbs. of ice per lb. of coal, according as the 
suction pressure varies from about 45 to 
8 lbs. above the atmosphere, this pressure 
being the condition which mainly con- 
trols the economy of compression ma- 
chines. These results are equivalent to 
realizing from 72 to 57^ (col. 19) of the 
theoretically perfect performance (col. 
16). The higher per cents appear to occur 
with the higher suction pressures, indi- 
cating a greater loss from cylinder heat- 
ing, (a phenomenon to be explained below 
[col. 20]), as the range of temperature of 
the gas in the compression cylinder is 
greater. These experiments were made 
with double-action compressors, operated 
on the ''cold system"" (see pages Iviii 
and 95). Lines 24 to 27 show the results 
of experiments with single-acting com- 
pressors on one of the leading makes of 
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American compression machines operat- 
ing on the "dry system/' The percent- 
age of theoretical effect realized ranges 
from 69.5 to 62.6^. The friction losses 
(col. 14) are higher" for the American 
machine. The latter's higher efficiency 
may be attributed, therefore, to more 
perfect displacement. No clearance fig- 
ures are published by Professor Schroter, 
but a comparison of the clearance action 
in the two types of machines, by means 
of the indicator cards, indicates that the 
less perfect displacement is not caused 
by excessive clearance spaces, but by 
the greater loss by cylinder heating 
(col. 20, Table I). This result is pos- 
sibly ascribable to the smaller dimensions 
of the compression cylinders of the 
German macliine, which affords greater 
surface in proportion to the volume of 
gas compressed per stroke, or, to a 
greater influence of the cylinder surfaces 
upon humid gas. The largest ^^ice- 
melting capacity " in the American ma- 
chine is 24.16 lbs. This corresponds 
to the highest suction pressures used in 
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American practice, for such refrigeration 
as is required in beer storage cellars 
using the direct expansion system. The 
conditions most nearly corresponding 
to American brewery practice in the 
German tests are those in line 5, which 
give an ** ice-melting capacity ^^ of 19.07 
lbs. Line 2, with a condensing pressure 
more favorable to economy of coal, but 
less favorable for economy of water, 
gives 30.01 lbs., but the per cent of 
perfect action realized is about 1^ less 
than for the American machine, not- 
withstanding that the latter's loss by 
friction is 6^ greater. 

For the manufacture of artificial ice, 
the conditions of practice are those of 
lines 3 and 4, and lines 25 and 26. In 
the former, the condensing pressure used 
requires more expense for cooling water 
than is common in American practice. 
The ice-nielting capacity is therefore 
greater in the German machine, being 
22.03 and 16.14 lbs. against 17.55 and 
14.52 for the American apparatus. The 
percentage of theoretical effect realized 
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again averages greatest in the single- 
acting machine, however, notwithstand- 
ing that the friction is less in the German 
apparatus. 

Cylinder Heating. 

In compression machines employing 
volatile vapors the principal cause of the 
loss of the theoretical result given in 
col. 16, Table I, is the heating of the 
ammonia, by the warm cylinder walls, 
during its entrance into the compressor, 
thereby expanding it, so that, to compress 
a pound of ammonia, a greater number 
of revolutions must be made by the com- 
pressing pumps than corresponds to the 
density of the ammonia gas as it issues 
from the brine tank (col. 16, Table I). 

In the theoretical estimate of the re- 
frigerating effect, it is assumed that 
the density, at exit from the brine 
tank, defines the displacement of com- 
pressor necessary to circulate a pound 
of gas through the refrigerating coils; 
but experimental measurement of the 
weight of ammonia circulated having 
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been made in connection with the tests 
of lines 24 to 27, Table I, by metering 
the liquid ammonia, it was found that 
from 15 to 30^ less ammonia is circu- 
lated than is accounted for by multiply- 
ing the compressor displacement by the 
density corresponding to the pressure 
and temperature of the ammonia gas at 
its entrance to the compressor. 

Hence, as the pressure does not vary, the 
density must have decreased by the rare- 
faction of the gas. It can be shown that 
the heat necessary to rarefy the gas can 
be lodged in a small thickness of the 
cylinder walls, and act in the same way as 
cylinder condensation in steam-engines. 
The theoretical mean effective pressure 
is practically the same for any range of 
pressure in the compression cylinder^ 
whatever the density. Hence, the in- 
crease of power to operate the machine, 
for a given ton's capacity, is directly 
proportional to the increase of volume 
due to heating produced by the cylinder 
walls as the ammonia enters. 

In the case of " cold compression*' ma- 
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chines^ or those in which liquid ammonia 
is injected in the cylinder in order to 
prevent superheating during compres- 
sion, there is an increase of volume by 
cylinder heating, caused by the evapora- 
tion of A portion of the ammonia injected. 
In the case of dry compression the in- 
crease of volume is produced by super- 
heating the gas. 

Besides that due to heating at entrance 
to the cylinder the discrepancies between 
the theoretical and experimental results 
in ammonia compression machines are as 
follows: 

1st. The liquid ammonia may be cooled 
by the condensing water below the boil- 
ing-point corresponding to condensing 
pressure. This increases the useful 
effect, because there will be a less per 
cent of each pound of ammonia vapor- 
ized in the brine tank to chill the sub- 
stance from the temperature at which it 
arrives at the expansion cock to the 
boiling-point corresponding to back 
pressures. Such gain averages about 4^ 
in the case of tests 24 to 27, Table I. 
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2d. The ammonia gas may be super- 
heated before leaving the brine tank^ 
above the boiling-point due to suction 
pressure. This makes a gain in the re- 
frigerating effect obtained from a pound 
of the substance, amounting to about 2^ 
in tests 24 to 27; but this is offset by the 
loss of effect due to the extra compres- 
sion power required by the increase of 
volume caused by the superheating. 

3d. The ammonia gas is superheated 
by absorbing heat from the atmosphere, 
in passing from the brine tank' to the 
compressing cylinder. This in tests 24 
to 27 causes a loss, by increase of com- 
pression power, of about 2^. 

4th. There are also small losses by 
radiation from the brine tank, which are 
probably not more than 1^. 

On the whole, therefore, the loss of 
effect in ammonia compression machines 
is practically entirely due to cylinder 
heating, which reduces the ice-melt- 
ing capacity from 14 to 23^1^ of the 
theoretical amount, this loss being 
roughly proportional to the range of 
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temperature in the compression cylin- 
der. The exact method of calculating 
the loss due to " cylinder superheating '' 
is given at the close of this Introduction. 

Températures of Compressed Am- 
MOKiA Gas. — Indicator Cards. 

A consequence of the theory of cylin- 
der heating is that a large portion of 
the range of temperature due to com- 
pression is not shown by a thermometer 
located in the exit passage from the 
cylinder. The table on the next page 
illustrates this fact for the case of Dry 
Compression. 

Thus in test 26, although the gas 
enters the cylinder at 25 degrees, in 
order to effect the rarefaction of the gas 
which, by the theory of cylinder super- 
heating, is assumed to occur, heat stored 
in the cylinder walls acts to raise its 
temperature 132.6 degrees, as per line 
2. Hence, when compression commences 
the gas is at 157.6 degrees (see columns 
20 and 2il, Table C). It then follows that 
the temperature at the end of compres- 
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Comparison op Theoretical and Actual 

Temperature at Beginning and 

End op Compression. 




1. Temperature at entering cylin- 

der, observed 

2. Estimated superheating due cyl- 

inder walls 

8. Probable temp, at beginning of 
compression 

4. At end of adiabatic compression 

5. Temperature of gas leaving 

cylinder, observed 

6. Loss of temperature during 

compression and ejection 

7. Loss of temperature in excess 

of heat absorbed by cylinder, 
line 6 — line 2 

8. Lbs. of ammonia circulated per 

minute as measured by meter 

9. Heat removed by jackets per 

minute, B. T. U ^ • 

10. Temperature equivalent of line 

9 = line 9 -«-(line 8 X 0.58) 

11. Loss of temperature unac 

counted for, line 7 — line 10. . 



Degrees Fahren- 
heit. 




sion, if no heat was lost, would be 

/p \0.24 

t, = (157.6 + 461) ^pij - 461 ^ 535 

degrees Fahr., as per line 4. 

As the compression curve. Figs. B and 
C, agrees closely with the adiabatic law 
(eq. 96), it is probable that this tempera- 
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tu re, line 4, is nearly attained during 
compression, but that during ejection 
the heat absorbed by the cylinder walls, 
and escaping through the jacket, reduces 
the temperature of the gas to that ob- 
served in line 5. Lines 7 to 11 show how 
nearly the heat abstracted by the water 
jackets surrounding the barrel of the 
compression cylinders accounts for the 
observed temperature of the gases at exit 
from the cylinder. The discrepancies in 
line 11 are fairly attributable to errors of 
measurement and losses by radiation, etc. 
The indicator cards. Figs. B and C, 
show that a perfect action of the gas in 
the clearance spaces is obtainable, by 
suflBlciently reducing the per cent of 
clearance, without the use of oil to fill 
these spaces. The perpendicularity of 
the fall of pressure in the clearance 
spaces is attributable to the cooling of 
the thin stratum of confined gas by the 
single-acting compressor piston, a special 
feature of which was the constant con- 
tact of the cold gas with the crank 
side of the piston. 
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Weight of Ammonia Calculated 
FROM Lateis^t Heat. Tests 25, 26 

AND 27. 

Using the values for latent beat of 
ammonia given in Ledoux's tables (page 
173), the weight of ammonia circulated, 
calculated from the heat abstracted from 
the brine tank, in tests 25, 26, and 27, 
compares as follows with the weight as 
determined by meter : 

25. 86. 27. 

Calculated lbs. per minute 14 . 34 17. 64 28 . 61 

Actual by meter '' 14.89 17.04 28.81 

It follows from these figures that 
Ledoux's latent heat values for low press- 
ures are correct within five per cent, 
the limit of error of the experimental 
measurements. A similar agreement 
obtains for the condensing pressures 
(see table, page 185). 

Sulphur Dioxide oe Piotet Machines. 

No records are available for determina- 
tion of the " ice-melting capacity" of ma- 
chines using pure sulphur dioxide. This 
fluid is in use in American machines. 
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but in Europe it has given way to the 
"Pictet ûn\d," a mixture of about 97 
per cent of sulphur dioxide and 3 per 
cent of carbonic acid. The presence of 
the carbonic acid affords a temperature 
about 14 Fahr. degrees lower than is 
obtained with pure sulphur dioxide at 
atmospheric pressure. The latent heat 
of this mixture has never been deter- 
mined^ but is assumed to be equal to 
that of pure sulphur dioxide. The 
Munich Commission have published 
tests of a " Pictet fluid " machine, erect- 
ed, for testing, in their laboratory. 

These tests are given in English units, 
in lines 11 to 21, Table I. 

For brewery refrigerating conditions, 
line 17, we have 26.24 lbs. *' ice-melting 
capacity,'^ and for ice-making condi- 
tions, line 13, in which the "ice-melting 
capacity*^ is 17.47 lbs. These figures are 
practically as economical as those for am- 
monia, the per cent of theoretical effect 
realized mnging from 65.4 to 57.8. At 
extremely low temperatures — 15° Fahr., 
lines 14 and 18 — the per cent realized is 
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as low H8 42.5. Tbis is less than any 
ammonia experiment, but so low a tem- 
perature was not tried with this sub- 
stance. The Pictet machine was at a 
small disadvantage in the German tests, 
in that the range of temperature of the 
circulating water was made the same in 
the two machines, and, in tests of the 
sulphur dioxide machine, less circulat- 
ing water was used than in parallel tests 
of the ammonia machine, so that the 
condenser pressure was higher in the 
sulphur dioxide than it would have been 
had the machines been furnished with 
the same amount of condensing water. 
This disadvantage reduces the ice-melt- 
ing capacity per pou7id of coal (col. 18), 
but does not affect the percentage of 
loss of theoretical effect (cols. 19 and 20). 

On the whole, the tests do not indicate 
any serious inferiority of useful effect in 
the Pictet system. Theoretically there 
should be no practical difference between 
the fluids except greater bulk in the com* 
pression cylinder for the Pictet apparatus. 

It will be observed that sulphur diox- 
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ide is also susceptible to loss of useful 
effect by cylinder lieating (col. 20). A 
similar loss appears to occur in com- 
pressing air to several hundred pounds 
per square inch. But for pressures of 
about 100 lbs., the experiments of Messrs. 
Oause and Post at Hoboken show that 
the cylinder superheating, with jacket 
cooling, reduces the displacement only 
about 8^, when the air enters the com- 
pressing cylinder as directly as possible, 
through valves in the cylinder heads. 

Carbonic Actd Machines. 

No experimental data of performance 
is available. To work between 64.4 and 
6 degrees Fahr., the suction pressure 
must be 300, and the condensing press- 
ure 800 lbs. per square inch. 

The compression cylinder is four times 
less in volume than is necessary for am- 
monia. 

The useful effect is considerably less 
than ammonia, if the liquid is worked 
through an expansion cock (see page 94). 



xl 



Water Vapor Machines. 

Such machines operate by water or 
brine being injected into a chamber 
maintained at a pressure of about one- 
tenth of a pound per square inch. In 
such a vacuum a portion of the water or 
brine becomes vapor, and the remainder 
is chilled in proportion to the latent heat 
of the amount vaporized. Ice made by 
this process is formed instantaneously, 
and is, therefore, white and opaque, al- 
though thoroughly solid and sweet. At- 
tempts to utilize the vacuum principle 
for commercial purposes have produced 
two types of machines: 

IsL The water vapor is removed by 
discharging it into a condenser like that 
of a steam-engine, from which it is re- 
moved as liquid, by an ordinary air pump, 
and discharged to waste. The water va- 
por is then c omp ressed, as a superheated 
gas, from one-tenth to say one and one- 
half pounds per square inch, and the 
cycle is similar to that of the ammonia 
compression type. 
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2d. The water vapor is absorbed by 
sulphuric acid^ which is pumped into a 
concentrator or distilling apparatus^ 
where, under a vacuum, the water is 
driven from the acid in the form of va- 
por, and removed after condensation by 
the air pump maintaining the vacuum. 
The concentrated acid, at higli temper- 
ature, runs back from the concentrator 
to the refrigerating chamber of the ma- 
chine, giving up its heat to the cooler 
acid which is being delivered to the con- 
centrator. This style of the apparatus is 
evidently very similar to the ammonia 
absorption machine, although not so 
simple. 

One of the compression types of these 
machines has been built, having a double- 
acting compression cylinder, 20 feet in 
diameter, and a ten-foot stroke; but no 
results of performance are yet available. 

The results of a test of a sulphuric fiêfJ^ 
acid machine of about ^fffr tons capacity ^T ^ 
have been recorded by Prof. Schroter in 
the report of the Polytechnic Commission 
of Munich. The useful effect was 
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equivalent to about tkioc pounds of ice- 
melting capacity per pound of coal, 
assuming each pound of the latter to 
utilize 10,000 B. T. U. 

The machine worked under very un- 
favorable conditions, however, and the 
results are not representative of the pos- 
sibilities of the system. Theoretically 
the economy should be not quite equal to 
that of ammonia for "ice-making condi- 
tions/' The volume of vapor is about 
150 times that of ammonia for ice-making 
conditions (see example, page 187). 

Artificial Ice Manufacture. 

Under summer conditions, with con- 
densing water at 70 degrees Fahr., arti- 
ficial ice machines use ammonia at about 
190 lbs. above the atmosphere condenser 
pressure, and 15 lbs. suction pressure. 

In a compression type of machine the 
useful circulation of ammonia, allowing 
for the effect of cylinder heating, is about 
13 lbs. per hour per indicated horse- power 
of the steam cylinder. This weight of 
ammonia produces about 32 lbs. of ice, at 



xliii 

15 degrees, from water at 70 degrees 
Fahr. If the ice is made from distilled 
water, as in the " can system/' the amount 
of the latter supplied by the boilers is 
about 33 per cent, greater than the weight 
of ice obtained. This excess represents 
steam escaping to the atmosphere, from 
the reboiler and steam condenser, to pu- 
rify the distilled water, or free it from 
air; also, the loss through leaks and 
drips, and loss by melting of the ice in 
extricating it from the cans. The total 
steam consumed per horse-power is, there- 
fore, about 32 X 1.33 = 43.0 lbs. About 
7.0 lbs. of this covers the steam con- 
sumption of the steam-engines driving 
the centrifugal brine circulating pumps, 
the several cold-water pumps, and leak- 
age, drips, etc. Consequently the main 
steam-engine must consume 36 lbs. of 
steam per hour per indicated steam horse- 
power, or else live steam must be con- 
densed to supply the required amount of 
distilled water. There is, therefore, 
nothing to be gained by using steam at 
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high rates of expansion in the steam-en- 
gines^ in making artificial ice from dis- 
tilled water. If the cooling water for the 
ammonia coils and steam condenser is not 
too hard for use in the boilers, it may 
enter the latter at about 175 degrees^ 
Fahr., by restricting the quantity to 1^ 
gallons per minute per ton of ice. With 
good coal 8^ lbs. of feed- water may then 
be evaporated, on the average, per lb. of 
coal. 
The ice made per pound of coal will 

then be 32 -4- ^- = 6.0 lbs. This cor- 

0.5 

responds with the results of average 
practice. 

If ice is manufactured by the "plate 
system, ^' no distilled water is used for 
freezing. Hence the water evaporated by 
the boilers may be reduced to the amount 
which will drive the steam motors, and 
the latter may use steam expansively to 
any extent consistent with the power re- 
quired to compress the ammonia, operate 
the feed and filter pumps, and the hoist- 
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ing machinery. The latter may require 
about 15 per cent of the power needed 
for compressing the ammonia. 

If a compound condensing steam-en- 
gine is used for driving the compressors, 
the steam per indicated steam horse- 
power, or per 32 lbs. of net ice, may be 
14 lbs. per hour. The other motors at 
50 lbs. of steam per horse-power will use 
7.5 lbs. per hour, making the total con- 
sumption per steam horse-power of the 
•compressor 21.5 lbs. Taking the evap- 
oration at 8 lbs., the feed-water tempera- 
ture being limited to about 110 degrees, 
the coal per horse-power is 2.7 lbs. per 
hour. The net ice per lb. of coal is then 

32 
about — r = 11.8 lbs. The best results 

with " plate system " plants, using a com- 
pound steam-engine, have, thus far, 
afforded about 10^^ lbs. of ice per lb. of 
ooal. 

In the ^^ plate system " the ice gradu- 
ally forms, in from 9 to 14 days, to a 
thickness of about 14 inches, on hollow 
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plates 10 X 14 feet in area, in which 
the cooling fluid circulates. 

In the ^^ can system " the water is fro- 
zen in small blocks weighing about 300 
lbs. each, and the process of freezing is 
completed in from 50 to 60 hours. The 
freezing-tank area occupied by the " plate 
system " is, therefore, about four times, 
and the cubic contents about twelve times, 
as much as is required in the " can sys- 
tem." The investment for the ^ opiate" 
is about one-third greater than for the 
^^ can system." In the latter system ice 
is being drawn throughout the 24 hours, 
and the hoisting is done by hand-tackle. 
In the " plate system " the entire daily 
product is drawn, cut, and stored in a 
few hours, the hoisting being performed 
by power. The distribution of cost is as 
follows for the two systems, taking the 
cost for the "can" or distilled-water 
system as 100, which represents an actual 
cost of about one dollar and a quarter 
per net ton. 
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Can syBtem. Plate system. 

Hoisting and storing ice 14.2 2.8 

Engineers, firenoen, and coal- 
passer 16.0 18.9 

Coal at $8.60 per gross ton... . 42.2 90.0 

Water pumped directly from a 
natural source at 6 cts. per 

1000 cubic feet 1.8 2.6 

Interest and depreciation at 10 

per cent 24.6 82.7 

Repairs 2.7 8.4 

100.00 7ÎÂ 

A compound condensing engine is as- 
sumed to be used by the " plate system. 
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Method op Calculating Loss op 
Economy by "Cylinder Super- 



heating/* 



The method of arriving at the per cents 
of loss by superheating (col. 20, Table I), 
is as follows : 

In test No. 27, for example, suppose 
there were no losses by radiation, or 
superheating, or friction of mechanism — 
that is, suppose ammonia arrived at the 
expansion cock at exactly the boiling 
temperature for the condensing pressure, 
that it issued from the brine tank and 
passed to the inlet of the compressing 
cylinder at exactly the boiling tempera- 
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ture for the suction pressure ; then, 
with no friction loss in mechanism, the 
ice-melting capacity per pound of coal, 
calculated as per examples, section 29, 
would be 33.54 lbs., as in col. 16, and in- 
cluding the actual loss of power by fric- 
tion, given in col. 14, the ice-melting 
capacity per lb. of coal, is reduced to 
^3.31 lbs., as per col. 17. Now for 
these conditions the work of compressing 
the ammonia is represented by DBBG, 
Figs. B and 0, and to circulate the 
28.61 lbs. of ammonia per minute, shown 
by the meter, would require 49 revolu- 
tions per minute. As a matter of fact, 
however, 58.9 revolutions per minute 
were required to circulate this weight of 
ammonia. We therefore conclude that 
the gas is rarefied by superheating be- 
fore compression, so that the volume 
of one pound is increased over that 
corresponding to the density for suc- 
tion pressure, or 6.7 cubic feet, in the 
ratio of the above speeds — that is, as 1 
to 1.202. Part of this superheating 
effect takes place in the brine tank, and 
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another part in the passage of the gas 
from the brine tank to the compressor. 
These are both known by measurement 
of temperatures, and their joint amount 
accounts for only a fraction of the in- 
crease of volume represented by the above 
ratio of revolutions. We therefore con- 
ceive that there is sufficient superheat- 
ing* influence by the cylinder walls to 
make up the deficiency, and compute 
its amount as follows : 

Let T = temperature corresponding to 
suction pressure. 

^T, = degrees superheating in brine 
tank. 

itfT, = degrees superheating between 
brine tank and compressor. 

^T, = degrees superheating by cylin- 
der walls. 

By Zeuner^B formulas we have 
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V. = B(T + JT,+JT.+-^T.)- Gp^-K 

If the number of revolutions be N, 
then we have 

The total increase of work due to 
superheating in per cent of theoretical 
work, with no superheating, will be : 

100-^^- = 100 -V-'^ • 
N y 

That due to superheating at brine 
tank will be: 

JN 

V —V V —V V —V 

100l-L_. = 100-li-^ X ^^ = 

J Total increase of ) ^ V^ — V __ 
( work in per cent J ^ y _ y "" 

( Total increase ) jrp 
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In a similar way we have for the losses 
at the other points: 

Loss due to superheating between ) 
brine tank and compressor in per v = 
cent ) 

Total increase ) ^m 

of work in [• X -ttt. ^fft ttst ; 

percent ) "^ ^T,+ JT,+ JT/ 

Loss due to cylinder superheating = 

Total increase ) jrp 

of work in v X 



percent ) ^^ ^T,+ JT.+ ^T/ 

In tests No. 26, 27, and 28 the total 
increase of work due to superheating 
can be calculated directly from the 
weight of anhydrous ammonia circu* 
lated. Then in test No. 27 we have 

100^^^=100^5:^^ = 0.202. 

N 49 

If the weight of anhydrous ammonia 
is not directly measured, we may deter- 
mine its amount by means of the heat 
imparted to it at the brine tank. In 
order to do this the temperature of the 
anhydrous ammonia at entrance to the 
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brine tank mnst be measured, and also 
the temperature of the ammonia gas at 
exit from the tank. A convenient way 
of making this calculation is as follows: 
Calculate the ice-meltmg capacity, tak- 
ing into account the cooling of the an- 
hydrous ammonia and superheating of 
gas at the brine tank, but assuming that 
the work remains the same as for the 
case of no superheating. The difference 
between this amount and the actual ice- 
melting capacity will be entirely due to 
the change of volume, or, if we call the 
calculated ice-melting capacity I<, and the 
actual I^ then 

V -^ I • 

For test 27 we have 

I, = 28.05, 1 = 23.31; 
hence 

V —V 

'y = .203, 

which is about the same as is obtained 
by measuring the ammonia directly by 
a meter. In all the tests given in Table 
I^ except 25 to 27, it is impossible to 
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obtain the increase of work by either of 
the above methods, because the weight of 
anliydrous ammonia is not known, which 
excludes the first method; and the tem- 
perature of the anhydrous ammonia en- 
tering the brine tank, and that of the 
gas leaving the same, is also not given, 
80 that the second method cannot be 
applied. In Table I, therefore, the net 
loss is given, or the total loss due to 
increasing the work less the amount 
that is gained by cooling the liquid 
ammonia entering the brine tank below 
the temperature of the condenser and 
by superheating the gas at exit. This is 
given in per cent of the theoretical ice- 
melting effect with no superheating or 
cooling of the liquid ammonia at entrance 
to the brine tank below the temperature 
of the condenser. 

The loss due to increase of power in 
per cent of 1/ will be : 

L-I 



100 



lo' 



But there is a gain of ice-melting 
capacity due to cooling the liquid am- 



liv 



monîa below the temperature of tlie coil- 
denser and to superheating at the brine 
tank, equal to !<, — I/; hence the net loss 
in per cent will be: 

T— I I— I' I' — I 

J-o ■*-o ^e 

This is the quantity given in col. 17, 
Table I. For test No. 27 we have 
1/ = 26.94; hence the total loss due to 
increase of power by superheating in per 
cent of Ic is: 

,^^28.05 -23.31 ^„^. 
^<>^ 26.9 4 = ^''■'^' 

which is the figure given in the table of 
the separate losses for tests 25, 26, and 

27. 

The net loss will be: 

,^^26.94- 23.31 ^^ ^ . 
1^^ 26794— = ^^'^^' 

which is the figure given in col. 17, 
Table I. 

Table gives the detailed numerical 
steps upon which the calculation of the 
superheating effect depends. 
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AF— Line of zero yolume for compressioii card. 
IH *• " " " •♦ expansion 
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FIG. B. 

Test Noi>25k 
AMMONFA COMPRESSION CYONDER. 




Clearance ^ per cent. 

No oil injected. 

BE— Adiabatic curve— Eq. 96. 
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FIG. C. 

Clearance ^ per cent. 

No oil injected. 

BE— Adiabatic curve— £q. 9()L 

TettNo.27. 
AMMOMtA COMPRESSION CYUND£R. 

B 




Comparison of the Theoretical and 
Experimental Economy in an 
Ammonia Absorption Machine 
(Test No. 27, Table I). 

Ice-melting capacity per pound of 
coal, obtained by test, assuming 
that each pound of coal imparts 
10,000 B. T. U. to the boiler 20.1 ibs. 

Ice-melting capacity per pound of 
coal, by Ledoux*s equations, assum- j 

ing a perfect heater action, no drip 
liquor, no water carried over by the 
ammonia, and no losses by radia- 
tion, and that the ammonia circu- 
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lating pump exhausts into the gen- 
erator.* 88.6 lbs. 

The calculated losses in per cent of 
the amount of heat imparted to 
the boiler, or 1,465,500 X 1930 -<- 
1614 = 1,753,400 B. T. U., per hour 
are: f 

Heater 19.7% 

Drip liquor 8.9^ 

6% water entrained with the am- 
monia. . 16.7^ 

Ammonia circulating pump 16.4^ 

Radiation 0.9^ 

67.6j^ 
There is a gain in refrigerating capac- 
ity in the machine tested, due to 
superheating the ammonia in the 
cooler, which is equivalent to 0.9^ 

Ket loss 47.7^ 

* The conditions substituted in Ledoux^s equations 
are: temperature of condenser, 80** Fahr.; tempera- 
ture of cooler, IS** Fahr.; temperature of absorber, 
180» Fahp. 

t The p^ cents of loss, with the exception of that 
due to the 6% of water entrained with the ammonia, 
are found by dividing the heat expended, as shown in 
the text, by the total heat supplied to the boiler. The 
loss due to 6% of entrained water is found by com- 
paring the efiSciency of the machine when working 
with 6% of entrained water, with that obtained when 
no water is carried over with the ammonia. 
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Equivalent of losses in ice-melting ca- 
pacity 88.5 X .477 = 18.4 lbs. 

Theoretical useful ice-melting capac- 
ity 88. 5 - 18.4 = 20. 1 lbs. 

**OoLD^^ VS. *'Dby^^ Systems op Com- 
pression. 

In the ^'cold" system or " humid ^' 
system some of the ammonia entering 
the compression cylinder is liquid, so that 
the heat developed in the cylinder is 
absorbed by the liquid and the tempera- 
ture of the ammonia thereby confined to 
the boiling-point due to the condenser 
presssure. No jacket is therefore re- 
quired about the cylinder. 

In the "dry^^ or "hot" system all 
ammonia entering the compressor is gas- 
eous, and the temperature becomes by 
compression several hundred degrees 
greater than the boiling point due con- 
denser pressure. A water jacket is 
therefore necessary to permit the cyl- 
inder to be properly lubricated. For 
comparative economy see discussion, page 

XXV. 



ICE-MAKING MACHINES. 



By M. Ledoux. 
From Annate» des Mines, 1878. 



Chapter I. 

§ 1. It has long been known that air 
is heated or cooled when compressed or 
dilated. 

The mechanical theory of heat defines 
the conditions under which this heating 
or cooling is effected, and shows that 
these effects are proportioned to the ex- 
ternal work performed by the air, with 
the restriction that in expanding the re- 
sistance overcome by the gas is always 
equal to the elastic force of the latter. 

If t and f represent successive tem- 
peratures of a unit weight of a perma- 
nent gas, which has been compressed or 
dilated under conditions above stated in 

1 
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producing an amount of work (either re- 
sistant or motive) equal to W, we shall 
have 

c 

A being the reciprocal of the mechanical 
equivalent of heat = 1/772.9, and c being 
the specific heat of the gas at constant 
volume. 

In a saturated vapor a part of the ther- 
mal equivalent of the external work is 
transformed into latent heat; the other 
part alone becomes sensible under the 
form of external heat. 

This is expressed in the fundamental 
-equation 

c,(t - f) + {xp - a;'p') = AW, 

in which c^ is the specific heat of the 
liquid, X the proportion of vapor in the 
unit of weight of mixture of liquid and 
vapor, p the latent heat of the vapor, and 
W the external work accomplished. 

We see from these equations that for 
the same quantity of heat transformed 



into work, tlie range of temperatures 
must be greater with a gas than with 
saturated vapors. 

§ 2. Whether we employ a permanent 
gas or a vapor, the apparatus designed 
for the refrigerating effects is based upon 
the following series of operations : 

Compress the gas or vapor by means 
of some external force, then relieve it of 
its heat so as to diminish its volume; 
next, cause this compressed gas or vapor 
to expand so as to produce mechanical 
work, and thus lower its temperature. 
The absorption of heat at this stage by 
the gas, in resuming its original condi- 
tion, constitutes the refrigerating effect 
of the apparatus. 

When the cooling takes place at con- 
stant pressure, the cycle of operations 
can be represented by the diagram Fig. 1, 
in wliich the abscissas represent vol- 
umes, and the ordinates pressures. 

The gaseous body taken at the pressure 
Pg and under the volume V^ is com- 
pressed to the tension P, and the volume 
V, . It is then cooled under constant 



presatue so tliat the volume V, becomes 
V/, then it is allowed to expand, the 
pressure P, becoming P, and the volume 




changing from V to V Finally t is 
brought to the ong nal volume V by 



transferring heat to it under constant 
pressure. The area V,V,V,'V, represents 
the work expended, and the line V,V, 
the refrigerating effect obtained. 

An inspection of the figure shows that 
a refrigerating machine is a heat engine 
reversed. 

If instead of cooling the gas, to re- 
duce it from the volume V, to V/, it be 
heated so as to assume the volume V," 
greater than Y^ an amount of work is 
obtained which is represented by the 
vertically shaded area VaV,'V,"V, ; the 
heat expended is represented by the 
length V,V/'. 

It should be noticed that in the case 
of a permanent gas, the changes from 
volume Vj to V/ or V," and from V, or 
V/ to Vo are accompanied by correspond- 
ing changes in temperature. In the case 
of a condensable vapor these changes 
are effected at a constant temperature, 
the addition or subtraction of heat tak- 
ing effect in an evaporation of the liquid 
or a condensation of the vapor. 

§ 3. From this similarity between heat 



motors and freezing machines it results 
that all the equations deduced from the 
mechanical theory of heat to determine 
the performance of the first, apply equally 
to the second. 

If Q, be the quantity of heat taken 
from or added to a given mass, of com- 
pressed gas or vapor, and Q the quantity 
of heat necessary to subtract from or add 
to the expanded mass in order to bring 
it to its initial state, T^ and Tj the abso- 
lute temperatures corresponding to the 
volumes V, and V^, and W the work, 
either active or resistant developed by 
the machine — the fundamental prin- 
ciple of the mechanical theory of heat, if 
the gas returns exactly to its primitive 
condition, affords the equation, 

Q, - Q = AW. 

If the cycle of changes is the so-called 
cycle of Carnot, that is to say, if the 
lines V,V,, V/V„ and V/'V/ are adia- 
batic curves, then we have 

Q _ Q. _ Q.-Q 

rp — rp — rp rp • 

-'-o -^1 -^1 



The quantity of work developed by a 
heat motor, under these circumstances^ 
is for each heat unit, whatever the inter- 
mediate agent. 

The efficiency depends upon the dif- 
ference between the extremes of tem- 
pérât ui-e. 

The useful effect of a refrigerating 
machine depends upon the ratio between 
the heat units eliminated and the work 
expended in compressing and expanding. 

It is measured by the ratio 

Q 
w 

from which we have 

W~Q. -Q~ T, -T.- ' ^''' 

This result is independent of the 
nature of the body employed. 

Unlike the heat motors, the freezing 
machines possess the greatest efficiency 
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when the range of temperatures is small^ 
and when the final temperature is ele- 
vated. 

In a freezing machine employing a 
permanent ga* the minimum temperature 
T, is different from the initial tempera- 
ture T^ , but we have 

T T 
T "~T ' 

and combining this relation with eq. (c) 
we can write for the useful effect 

-9 - A-^- (D> 

Comparing (c) and (d) it is evident 
that the performance becomes less in 
proportion as we obtain lower final tem- 
peratures. 

If the temperatures are the same, 
there is no theoretical advantage in em- 
ploying a gas rather than a vapor in 
order to produce cold. 

The choice of the intermediate body 
would be determined by practical consid- 
erations based on the physical character- 
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istics of the body^ such as the greater or 
less facility for manipulating it; the ex- 
treme pressures required for the best 
effects, etc. 

Air offers the double advantage that 
it is everywhere obtainable, and that we 
can vary at will the higher pressures, in- 
dependent of the temperature of the 
refrigerant. But it is cumbersome,* and 
to produce a given useful effect the ap- 
paratus must be of large dimensions. 

Liquéfiable vopors, on the other hand, 
allow the use of smaller machines, but are 
obtained only at a greater or less cost. 

Furthermore, the maximum pressure 
is determined beforehand by the tem- 
perature of the condenser, and depend- 
ing on the nature of the volatile liquid ; 
this pressure is often very high. 

§ 4. The foregoing conclusions are 
based on the hypothesis that the com- 
pression and expansion follow the adia- 
batic lines V^Vi and V/V,, that is to 

* If worked in a closed cycle so that the pressure at 
To is 4 atmospheres aod the pressure at Ti 8 atmos- 
pheres, as in the ** Allen Dense'' Air Machine, the cum- 
brousness is reduced fourfold. See § 14, p. 40. 
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say, that the changes of volume and 
pressure follow the cycle of Carnot. 

This hypothesis is realized when the 
cooling is accomplished outside of the 
compression cylinder and after the gas 
has been raised to the pressure P^ . 

If the compression be effected accord- 
ing to some cycle different from Car- 
not^s, the efficiency, if it be a heat motor, 
would be diminished, but in a freezing 
machine it would be greater or less, de- 
pending upon the manner in which the 
successive operations were effected. 

Suppose, for example, that instead of 
cooling the gaseous body outside the 
compression cylinder, it be done during 
compression within the cylinder in such 
a manner as to maintain a constant tem- 
perature. This hypothesis would be 
graphically represented in Fig. 1 by re- 
placing the adiabatic curve V^V, by the 
isothermal curve V^V/. The work of 
resistance of the machine would then be 
represented by the curvilinear triangle 
V^V/V,, which is much smaller than 
the curvilinear rectangle V^VjV/V,. 
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The quantity of negative heat produced, 
represented by the line V^V,, remains 
the same. The efficiency of the freezing 
machine would be thus augmented as 
the resistant work of the motor would be 
less than the preceding case for the same 
quantity of negative heat produced. 

§ 5* The useful effect iscalculated in the 
following manner: 

We suppose the compression to be 
made at a constant temperature, and that 
a unit of weight is considered. Then by 
Marriotte's Law we have P,Vj = P^V^ . 

The work of resistance to compression 
would be 

and we shall have, as in the preceding 
case^ 

AW^ = Q, . 

E is a constant, the value of which is 
53.35. 

* The ssrmbol { sig^nifies the hyperbolic logarithm. 
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The gas dilating from the temperature 
T" to T, without gaining or losing heat, 
we shall have for the work of dilatation, 
inclusive of the work at full pressure 
during introduction. 

The useful effect is represented by 
and we have 

Q' =A- Q 



W, - W« Q. - Q 

kc{T, - T,) 



We have also 



RT,Z ^ - ^(T. - T,) 



c _ R * 



* This gives T^ikc — c) = ToRA = PoVoA, which is 
the algebraic expression of the fact that the specific 
heat at constant pressure exceeds that for constant 
volume by the external work of expansion. See Ran- 
kine's Steam Engine, p. 818. 
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k is the ratio of specific heat at constant 
pressure to the specific heat at constant 
volume; this ratio is = 1.41 and is the 
same for all permanent gases. 

It follows then that for isothermal 
compression 

A Q _ * T. - T, 



If the compression follows an adiahatic 
curve, we shall have for the useful effect — 
calling T^ the absolute final temperature 
of the compression — 



T — T 



Q, - Q "T, - T, - (T, - TJ 

fc-i 

It is easy to show that 

( * ^ 



14 
is greater than 

and consequently that the useful effect in 
the second case is less than in the first. 

The employment of air presents a cer- 
tain theoretical advantage over volatile 
liquids, inasmuch as it admits of cooling 
to a certain extent during compression.* 

We will now examine in succession 
some of the recently invented freezing 
machines {machines à froid). The Air 
Machine of M. Giffard; the Sulphurous 
Acid Machine of M. Pictet; the Am- 
monia Machine of M. Carré, and the 
compression type of Ammonia Machine. 



* Such advantage is not practically available. See 
foot-note, Art. 19, p. 65. 
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Chapter IL 
gifpard's air machine. 

§ 7. This machine consists of a single- 
acting cylinder A, the piston of which 
is furnished with two valves opening 
inward. This cylinder is surrounded 
with a jacket, leaving a space within 
which circulates a current of cold water. 

There is a second cylinder, B, also 
single-acting, and having a solid piston, 
with a diameter a little smaller than 
the first. At the bottom of this cylinder 
are two openings closed by valves, open- 
ing, one outward and the other inward, 
and operated by levers which are woiked 
by cams on the driving shaft. 

The pistons are driven by crank con- 
nections with the main shaft. 

The condenser E is a surface condenser 
and receives a current of cold water from 
the envelope of the compressor cylinder 
A. A reservoir of wrought iron, R', is 
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connected with the condenser by a tube, 
and communicates also with the bottom 
of the expansion cylinder B. 

§ 8. The air taken in at ordinary press- 
ure is compressed in the cylinder A till 
it has the density of that in the reservoir; 
it is then allowed to flow into the con- 
denser E and the reservoir R'. During 
this passage it loses a great part of the 
sensible heat which it attains during 
compression, and is brought nearly to 
the temperature of the surrounding air. 

During this time the valve a of the 
cylinder B opens and permits a certain 
amount of air, equal in weight to that 
which is expelled from A, to pass from 
the reservoir into the cylinder, producing 
a certain amount of work. Then the 
valve s closes, — the air in the cylinder B 
expands, producing work again, which 
may be deducted from the work of com- 
pression and the temperature is lowered. 
When the piston B reaches the upper 
limit of its stroke, the valve 5' opens and 
the cooled air, as the piston descends, 
escapes through the cold-air outlet. 



The cooling experienced by the air, 
dnring compr^seion, by contact with the 




cooled sides of the cylinder is scarcely 
sensible. 

The machine therefore acta under con- 
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ditions set forth in § 2, and we know 
that its useful effect cannot exceed the 
value 

T T 



J-i •'"o -^0 -'■1 

By means of the adjustable cams we 
can regulate at will the action of the 
valves s and s'. If we shorten the time 
of admission into the cylinder B, the 
pressure will increase in the reservoir; 
for the amount flowing into B should be 
equal to that forced into the reservoir 
from A. The temperature of the air ex- 
pelled will then be less. If, on the con- 
trary, we increase the time of admission, 
the reservoir pressure will diminish, and 
the temperature of outflowing air will be 
increased. 

The apparatus presents then this im- 
portant peculiarity — that we can vary 
the useful effect of the machine at will, 
through wide limits. 

As the air leaves B, at the pressure of 
the atmosphere, the minimum limit of 
pressure is established, below which the 
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expansion cannot be pushed, and which 
is controlled by the relative dimensions 
of the two cylinders. 

We will proceed to calculate the cool- 
ing effect produced by this machine and 
the corresponding work required. We 
shall neglect at first the effect of waste 
spaces in the machine, and of watery 
vapor in the air. 

§ 9. Let P„ , t^ and T^ be the pressure 

and temperature (counted 

from absolute zero) of the 

air. 

V„ the volume described by 

the piston A. 
Vj the volume of air when at 

pressure P^ . 
Vj is then the volume described 
by the piston during the 
outflow. 
m = weight of air drawn into 
and ejected from the com- 
pressor. 
Pj , t^ and T, the pressure and 
temperature of compressed 
air delivered from A. 
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. V/ t' and T/ the volume and 
temperature after passing 
into the condenser. 
Vj the total volume described 

by piston B. 
P,, t^ and Tg the pressure and 
temperature of the air at 
the end of the course of 
this piston. 
During compression the cooling by sim- 
ple contact with the sides of the cylinder 
is insignificant. We shall neglect this 
and also assume that no heat is received 
from the sides of the cylinder B. 

FIRST period: compression. 

§ 10. When air is compressed without 
losing or gaining heat, the pressure and 
temperature at each instant bear the 
relation to each other expressed by the 
equation 

p.v/ = p.v.^ (1) 

in which Tc is the ratio of specific heat of 
constant pressure to the specific heat of 
constant volume. 

_ .23751 _ 
^ "- 0.T65Ï4 - ^'^^' 
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Gay-Lu8sac^s law affords, 

' P,V, = RmT. (2) 

and 

P,V, = RiwT,. (3) 

From equations (1), (2), and (3), we 
deduce 

T /PNir 



T VP 



fc-1 



The work of the resistance to com- 
pression and outflow is* 

Wr = ^(P.V. - P.V.). (6) 

We have elsewhere 

k _ ^<? t 
F^ ~ÂR' 



* This is the value of the area VoVjP,PoVo or the 
équivalent of PiVi -^fpdv — FoV^ • The form of (6) 
should be committed to mind as it is constantly- applied 
throughout this essay. 

t See 9 5, p. IG. 
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c being the specific heat of air of constant 
volume. 

Equation (6) then becomes 

W, = ^'(T, - T.). (7> 



SECOND PERIOD: COOLIN^G. 

The air is cooled in the condenser 
under constant pressure. The volume 
changes from Vj to V/, and the tem- 
perature from t^ to ^/. 

We have 

V/ = V,^, (8) 

and the quantity of heat imparted to the 
water of the condenser is 

Q, = mJcc{T, - T/). (9> 

If T/ = T„ then Q, = AW^. 

THIRD period: EXPANSION. 

The volume V/ of air enters the cylin- 
der B yielding an amount of work equal 
to PiV/. It expands from V/ to V, 
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i^ithout gain or loss of heat. We have 
then 

P^V/* = P,V,*, (10) 

P,V/ =RwT/, (11) 

P,V, =KmT,; (12) 

lyhence 

fc-i 

T, = T/(?î) * . (13) 

The work performed by the air is * 

•or 

W„ = ^(T/ - T,). (15) 

The resistances to be overcome by ex- 
ternal force amount to 

mkc 

1^^-W« = — -[(Ti-To)-.(Ta'-T.)]. (16) 
A 



* If the machiDe works with maximum economy, 
the final pressure P^ should . be equal to Pq , the at- 
mospheric pressure. 
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The equations (10), (12), and (13) give 



or 



V.' ~ V. 



V ~T. 



(17) 



and 



T.' 



t;- 



(18) 



Equation (17) expresses the ratio which 
should exist between the volumes of the 
two cylinders, in order that the air be 
finally expelled at atmospheric pressure, 
after having been compressed by a force 

Pi. 

The negative heat Q, produced by the 
apparf^tus, is the quantity of heat neces- 
sary to restore the air from the tempera- 
ture U to the temperature t^, under 
constant pressure. Hence 



or 



Q = mkc{T, - Ta) 
Q = mkc^il - ^') 



(19) 
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§ 11. Since a given weight of air is re- 
stored; at the end of the operation^ to 
the same temperature and pressure it 
had at the beginnings it follows that it 
has been through a perfect cycle, and we 
have, from the mechanical theory of heat, 

Q. = A(W, - W«) + Q. 

The theoretical useful effect of the 
machine is, calling it u, 

u - Q -A T.-T. 

1 

w = A. 



T, - Tx' _ ^ ' 



T,-T. 

and as we have from equation (18)* 

T, - T/ ^ T> ^ T/ 
T, - T. ~ T. ~ T/ 

therefore, 

T Tt 

n = A. ^r-^-Tfr = A . ^ , J ^^y (20) 

T T 
* Transform (18) to =^= =?• Subtract unity from 

each side and solve for |i^^. yf^'^^^^'Q^BlTA^^- 

T. - T, y^^ \ H 4^^^ 



\ I 



26 



a result already found in § 3 by suppos- 
ing T/ = T,. If T/>T, the useful 
effect is diminished. 

The efficiency of the machine will in- 
crease as Ti approaches in value to T^ ; 
that is to say, as the air is urged at a lower 
pressure into the reservoir. But as we 
lower the pressure of working, the quan- 
tity of negative heat produced diminishes 
also and becomes nothing when T,' = Ti . 

The necessary driving power W^— W,», 
which we proceed to calculate, should be 
augmented by the passive resistances. 

If we consider the refrigerating ma- 
chine as composed of two distinct ma- 
chines driven by the same shaft, we are 
led to consider that the work of the 
passive resistances is proportional not to 
the final work W^ — W„» but rather to 
the sum of the work Wr + W„» devel- 
oped in the two cylinders. Considering 
the simplicity of the machine, the small 
amount of friction, and the absence of a 
fitufl&ng box, we can admit that the work 
of the passive resistances should not ex- 



Refrigerating Power of One Cubic Fop-tmospherb 

AT 59^ 
m = weiglit of air. ks = specific heatf «-ir. 



t 

a, 

O 

S 



Pi 



(1) 

U 
2 

2* 

8 

Si 

4 

4i 



08 
08 



t ^ 
go 

p.-:3 



Deg.T. 



(2) 

128.9 

174.8' 

217.3 

254.1 

286.8 

316.4 

343.4 



s 


g 


r^ 


V 


•^4 


.sa 


3 . 


■§ 


. fc> 


^ 




.2 


^3 


> 


®?? 


^ 


sS 


Ï 


s o 




•«^••S 


(i4 


«8 S 


j3 


k fl 


•*A 


Kt 


gj 


Sl:< 


p 




& 



Deg. F. 



(8) 

+ 6.2 

- 31.2 

- 68.1 

- 78.8 

- 96.5 
-109.4 
-121.2 



•S 



to-U 



Deg.F. 



(4) 

52.8 
90.2 
117.1 
137.8 
154.5 
168.4 
180.2 



•«a 


tm 


1 


•d 


A 


c 




•v4 






o 


s? 


3 


a 


C u 


S 


=•3 


S 


|i 


!•§ 




0.2 


^-s 


«i 


tive 
tract 


: of 
hout 


08 S 


faq-M 


0) OB 




55 


t^ 


nifcc(fo-/9) 


Wr 


B.T.U. 


Ft. lbs. 


(5) 


(6) 


0.960 


911.0 


1.639 


1625.7 


2.128 


2222.7 


2.505 


2739.9 


2.806 


3199.5 


3.059 


3614.3 


8.275 


3994.0 



I 

a 

u 
« 
-d 



a 
.2 

$i 

«ho 

I" 

1.08W 




SING Water. 



Ft.-lbi 



(7) 

983 
1756. 
2400. 
2959. 
3455. 
3903. 
4313. 



I 

n 



ao 




OaU. 

(ao) 

12T0 
1390 
1480 
1570 
1640 
1700 
1760 



8^ 

c ^ 
c.t5 

a c »; O 
•|:3 go 

«^ ea P 



+ 
8 



4 



Oals. 

(21) 

0.88 
0.96 
1.03 
1.09 
1.14 
1.18 
1.23 
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The ice-melting capacity per lb. of coal is foi 
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ceed eight per cent of the above total 
work. 

The resistance of the machine is then 
1.08W,.~0.92W„».* 

Table I gives the amount of refrigera- 
tion obtained, and the work expended, 
by passing one cubic foot of dry air 
through the machine; the pressures in 
the reservoir varying from 1,5 to 4.5 
atmospheres. The temperature of the 
external air is taken at 59° F. ; the 
temperature of the air leaving the con- 
denser at 64.4® F.; temperature of the 
water about 55.4° F., V„ = 1 cu. ft., 
T. = 59 + 459.4 = 518.4, and m = 
0.07653 lbs. 

§ 12. An examination of the table 
shows the enormous influence that the 
passive resistances exert upon the effi- 
ciency of air machines. It is one of the 
consequences of the inherent cumbrous- 
ness which follows from the use of this 
body in a thermic machine, f 

* This amount of friction waste is about three-fourths 
of that found in modern machines. 

t For actual performance of air machines see Intro* 
duction. 
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The useful effect produced is not in- 
creased in proportion to the increase of 
pressure. It is of no advantage to em- 
ploy pressures higher than about 4.5 
atmospheres. Aside from the diminution 
of efficiency of the air at high pressures, 
a loss is occasioned by heat developed in 
the compressor, and which extends to 
other working parts of the machine. We * 
have said above, that, with a given ma- 
chine, we can vary at will the pressure Pi 
by varying the length of time of the 
opening of the admission valve in the 
cylinder B. If the time be shortened, 
the pressure and the cooling effect are 
both increased; and if the time be in- 
creased. Pi is diminished. It is necessary 
that we should vary at the same time the 
working of the emission valve, so that it 
opens at the moment when the piston 
shall have passed through a space equal 

to V,,^ corresponding to the atmos- 
pheric pressure on the inside of the ex- 
pansion cylinder. 

A machine whose dimensions and ve- 
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locity are such that it uses 35,316 cubic 
feet of air per hour will produce an effect 
equivalent to freezing from 0.1194 to 
0.4104 net tons of water, at 32° F. per 
hour, provided that the driving power 
varies from 3.95 to 33.5 horse-power.* 

Practically, however, the useful effect of 
air machines is not so great as is indi- 
cated by the above table, as no account 
has yet been taken of watery vapor in 
the air, nor of lost spaces in the machine. 

We will proceed to examine the in- 
fluence of these two causes of loss. 

INFLUENCE OF MOISTURE IN THE AIR, 

§ 13. This influence is not to be neg- 
lected. The vapor contained in the air 
condenses on the sides of the expansion 
cylinder, and parts with its latent heat 
of vaporization so that the final tempera- 
ture of the air is higher than it would 
have been if dry. 



* The compressor would here be one of 18 in. diam. 
and 90 in. stroke running 65 revs, per minute, double 
actinfir. 
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Furthermore, the snow produced from 
this moisture accumulates around the 
orifice of the cold air outlet and we can- 
not readily utilize the cold which is 
required to produce it. For these two 
reasons, but especially for the latter, the 
moisture of the air causes a notable loss. 

We proceed to calculate the volume 
and the temperature of the air at the end 
of the expansion under the. supposition 
of a known hygrométrie state of the at- 
mosphere, from which we can easily de- 
duce by the tables the pressure of the 
vapor p^ and its weight /i^ . 

In the compression-cylinder the watery 
vapor not being near the saturation 
point, and exerting a feeble pressure, will 
behave nearly as a perfect gas; its vol- 
ume and its temperature ere represented 
by the relations j9v* = a constant, in 
which Jc = 1.41 and jt?t; = K'mT; 

R 

^' = 0622 r ^^•'^' 

* The weight of one cubic foot of water vapor at at- 
mospheric pressure is 0.622 of that of air. 
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The total pressure of air and vapor 
being represented by P, the pressure of 
the vapor being p, that of the air alone 
will be P — J», and we shall have, pre- 
serving our former notation^ 



P.V.* - P.V.», 


(21) 


i'.V.» = p.V.*, 


(32) 


(P.-?.)V. = RmT., 


(23) 


p.V. = R';i,T., 


(24) 


(P. - i'.) V. - RwiT. , 


(25) 


p.V. = R>.T.. 


(26) 



The work of the resistance to com- 
pression is 

Wr = ^(P.v. - P,V,) 

or \. (27) 

W, = |(»u! + /./)(T.-T.) 

c' is the specific heat^ under constant 
volume, of the superheated vapor, its 
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value being 0.3407. After cooling, the 
volume becomes 

V/ = V,^', (28) 

-'-1 

and we have 

p.V/ = R'/^.T/. 

From equations (21) and (22) we can 
deduce the pressure in the reservoir. 

We can determine by examining a table 
of tensions of saturated steam whether 
the pressure p^ is greater or less than the 
pressure which corresponds to the tem- 
perature T/. If it be less, the air will 
not be saturated with vapor when leaving 
the condenser, and the heat absorbed by 
the latter will be 

Q, = *(7/ic + /i/)(T,-T/). 

If the pressure p^ is greater than the 
pressure ;?/, corresponding to the tem- 
perature T/ for saturated steam, there 
will be a condensation of some of the 
vapor in the condenser; the amount 
condensed will be 

/'■(I - o. 
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and the pressure of the vapor entering 
into the cylinder B will be p/, that of 
the air being P^ — p'. 
We shall have also 






We see that the quantity of vapor not 
condensed by the cooling, and passing 
into the expansion cylinder, will con- 
tinually diminish in proportion as the 
working pressure is raised. The influ- 
ence of the humidity in the air will 
therefore be less as the pressure is made 
greater. 

The weight of the mixture of air and 
vapor, which is m-\- }i^ if there is no 
condensation in the cooler, or m + /^i^/ 
if there is a condensation, is carried into 
the cylinder B where it encounters the 
surfaces cooled during the preceding 
stroke. We can neglect the influence of 
these cold surfaces upon the air alone, 
but not upon the mixture of air and 
vapor. The latter is converted into frost 
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which releases a certain amount of heat 
to be imparted to the metal^ and which 
during the expansion is restored to the 
air. 

Supposing at first that there is no con- 
densation in the cooler, there is conveyed 
to the cylinder a weight //, of saturated, 
or nearly saturated, vapor at the tem- 
perature T/, We may assume, consider- 
ing the very low temperature of the sur- 
faces, that all the vapor is condensed 
here; it will disengage a quantity of heat 
C, which is approximately equal to 
/^i(^/ + 142.2). r/ being the latent 
heat of the vapor corresponding to the 
temperature ^/, and 142.2 the latent heat 
of water, which is released on freezing. 

The heat is gradually restored to the 
air during expansion. 

The volume introduced into the cyl- 
inder is 

the pressure remaining P^ . 
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The differential equation of the work is 
A ' A^' A 



(; 



c^ being the specific heat of ice, = 0.5, or 

AR ^ "^ AR^ V T ART ~ ^ V 
We do not know the law of relation 
between C and T^ , that is, tho law ac- 
cording to which the heat, released from 
the water and ice formed, is communi- 
cated to the air. We are forced to make 
an hypothesis which is not rigorously 
«xact, but which is a sufficiently near 
approximation. 

We will suppose that the transmission 
is proportioned to the fall of tempera- 
ture, and therefore that 

dG= - //,Kr, 

in which 

r/ + 142.2 * 



r = 



T ' — T 



* y is the loss of heat of each pound of vapor per 
degree of the entire range of temperature in the ex- 
pansion cylinder. 
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whence we have 

1 dT dV 



integrating we get 






or 



we have, furthermore, 

P„V, = RmT., 
P^V/' = RwT/, 



whence 



rn f p V " 
-^1 _« -^ 1 ' 1 



T "" PV ' 
Equation (29) can then be written 

_X_(. + 6£^r),^' = ,L. (30) 

We can obtain the eXact value of T, by 
successive approximations. 
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An approximate value for T, may be 

T ' 
found by developing ^ into a series. 

We have 

T' — T 

rp m / 'P ' 

T/ + T, 

which may be developed into a series and 
all the terms after the first neglected, 
these being of the third power and over. 
Hence we have 

fp^f^M /^.('•' + 142.2) 1 
L "^ mc "^ wc(T/ - T,) J 

T/--T,_*-l P, * 

T,' + T, ~ 2 p; • 



\ 4- X 

• log = log (1 4 a;) - log (1 - X) 

1 — X 

x^ sd^ 
log (1 4 «) = a; - — 4 -3 , etc., 

log (1 - «) = - aj -^ - ^ , etc.; 

therefore log (14 a;) — log (1 — a;) ;= 2a; If terms of the 
third power and over are disregarded. 
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Whence 

Suppose now that condensation occurs 
in the cooler; we find by the tables the 
pressure of p/ of saturated vapor of 
temperature T/, and we can deduce the 
weight of the vapor condensed in the 
cooler. 

We shall have then 

C = /^,a;/(r' + 142.2) 

and 

_ , r/ + 142 .2 

y — ^1 m ^ m 

■'■1 -^ï 

The equations (29) and (30) apply in 
this case as in the preceding. 

The quantity of disposable negative 
heat is 

Q = mkc{T, - T,), (31) 

since we suppose the negative heat of the 
snow formed to be lost. 
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Finally the work produced by the ex- 
pansion is 

W. = P.V/' + ^^(l + ifî^t+M 
* ' * ' A \ ' mc I 

(T/ - T,) - P.V. (32) 
or 

W„ = "^^ + f'l'^ + ^) (T/ - T.). (33) 

If there is a condensation in the cooler, 
we should replace //^ in equations (32) 
and (33) by //^cc/. 

§14. Table II gives the cooling and 
detailed effects obtained from one cubic 
foot of air supposing it half saturated and 
at a temperature of 59° P. The weight 
of the air is then .07589 instead of .07653 
lbs., which is the weight of dry air at this 
temperature. 

We have also* p^ = .123 lbs. per sq. in. 
and /i, = .000391 lbs. 

* The tension of water vapor at 59° F. is 0.246 lbs. per 
sq. in. This corresponds to a hygrométrie state of 
unity, or complete saturation. Hence 0.123 lbs. cor- 
responds to half saturation. 

The value of mi is the weight of one half a cu. ft. of 
steam at 69« F. See table, p. 886, D. K. Clark's ManuaU 
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In comparing this table with Table I, 
we see that the influence of the hu- 
midity of the air upon the results ob- 
tained is the greater when the pressure 
is low. We have made a similar remark 
in reference to the passive resistances. 
The theoretical advantage, therefore, of 
low pressures is practically much dimin- 
ished by these causes of loss. 

It is possible to neutralize almost com- 
pletely the influence of moisture in the 
air. To accomplish this it would suffice 
to employ the air after it had produced 
its cooling effect and had parted with its 
moisture. It would be necessary to make 
the refrigerating machine a closed * ma- 
chine, making the same quantity of air 
serve indefinitely. The cooling would be 
produced by causing the cooled air to 
pass through an apparatus surrounded 
by some liquid not easily frozen, such as 
a solution of calcium or magnesium chlo- 
ride. A part of the negative calories 



* Such a cycle is accomplished in the Allen Dense Air 
Machine, in which the influence of moisture is elimin- 
ated as suggested above. See foot-note, § 8, p. 9. 
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would thus be used, as well as by direct 
contact, and so many as are not used 
would not be lost, as the air passes 
directly to the compressor A, not at 59° 
R as before, but at 17.6° or 14° F. of 
temperature. We think that it is only 
in this way that we can improve the air 
machine so that it can compare favorably 
with the machines using a liquéfiable gas. 

INFLUENCE OF WASTE SPACES. 

§ 15. We will suppose the air to be 
dry in order to avoid complexity in our 
calculations. 

Preserving our previous notation and 
calling V the amount of useless space in 
the compression cylinder, v' that of the 
expansion cylinder, and jd the weight of 
air enclosed in the space v at the end of 
the compression, we have : 

P.(V^. + <=P.(V. + t;)*, (34) 

P.(V. + 1») = R(m + //)T„ (35) 

P,V, = RmT, , (36) 

P,v=R;iT., (37) 

m being the weight of dry air driven out 
of the compressor. 
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Equations (34), (35), (36), and (37) 
give by elimination of fi 

T. = T.(;^)*", (38) 



and 



T = Ï f ?i 



(39) 



The work of resistance to compression, 
taking account of the work restored to 
the piston by the air in the waste space 
expanding from Pj to P, , is, 

w. = ^(P.v. - P.VJ* 

♦ Referring to Fig. 1, p. 4, let OAj' represent the 
clearance Tolume v. Then 

Wr = VoVjVj'Va = VoViP,Po - VaVi'PjPo . 

By the general form, equation (6), § 10, we have, there^ 
fore, 

Wr =j^j[Pi(V,+t;)-Po(Vo+v)] 

= éi<P.v. - P.v,) + s^P.f (^fi-: - 1). 
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l'or the cooling period, 

V/ = V.^, (41) 

and \ 

P,V/ = EmT/. (42) 

The heat Q^ absorbed by the water of 
the condenser is, 

Q, = mkc{T^ - T/). (43) 

Period of Expansion. — The air com- 
ing from the reservoir R' under pressure 
Pj and at the temperature T/, should 
at the moment of opening of the inlet 
Talve cause the air in the waste space, 
whose volume is v', to change its press- 
ure from P„ to Pj . This influences the 
temperature T/' of the contents of the 
clearance spaces and also the weight m^ 
of the air which passes from the reservoir 
into the waste space. 

The dimensions of the reservoir being 
Tery large in comparison to the waste 
spaces, we may assume that no change 
occurs either in temperature or pressure 
of the reservoir, while the waste spaces 
are filled with air at the pressure Pj . 
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Call ;/' the weight of the air enclosed 
in the waste space at the moment that 
the inlet valve opens. We then have 

py = R;i'T,; (44) 

T, being the final temperature of the 
expanded air. 

The stored up work of this air is: * 

The weight m' of air entering the waste 
space having a temperature T/ and a 
pressure Pj has a stored energy of 

After the waste space is filled, the 
stored up energy of the total quantity of 
air w' + /i' contained there is 

and we have, furthermore, 

Py = R(w' + /i')T/'. (45) 

♦This "stored-up work" is equivalent to the "in- 
trinsic energy." Rankine Steam Engine, Art. 947. 
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As we suppose there is neither loss nor 
gain of heat from the exterior, the differ- 
ence between the stored energy of the 
mixture after the mass m' is introduced, 
and the sum of the stored energies of the 
masses m' and ^' before mixing is equal 
to the external work performed. 

Let v' equal the volume of m' before 
its introduction into the cylinder under 
pressure P, and temperature T/. Then 
the exterior work is 

V,v^ = Rm'T/. 

We have also* 

(m' + j4')T/' = Km'T/. (45») 

* The equation [45a] is possibly moie clearly derived 
as follows:— By the assumption, page 43, viz.: that the 
reservoir suffers no change of pressure or temperature 
during the exit from it of the volume Vj' necessary to 
fill the clearance space, we may say that the clearance 
space of the expansion cylinder contains the following 
amounts of energy expressed in mechanical units: 

—/m'Ta— Remaining in the space after exhaust stroke 

A 

of expansion piston. 
(J 

—m'Ti'— Contained in the volume Vi' as it leaves the 
A 

reservoir. 
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c R 

Replacing -r by j- — -* and combining 

with equations (44) and (45) 

-' = ^^kl^'t (46) 



I Work done upon the air Vy' in ejecting it 
from the receiver. This work is part of 
that exerted by the compressor piston dur- 
ing the ejection of air from the compressor. 
Since the piston of the expansion cylinder is station, 
ary during this action, ViV^' appears in superheating 
effect. 

The total energy is the sum of these items which 

must equal the expression r-(w*' + mOTj". 
Therefore 

PiVi' + ^M'T, + |-m'T,' = £(m'+ M')Ti"; 

whence we have (45a). 
* See foot-note, 9 5, page 12. 

R c 

t Substituting c^—i for — in (45a) we have the rela- 
tion 

T^ = R-'T.'(l + j^,) = BmT.' JL.^, 



whence 
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or T." = 



!-(47) 



P/r, + P.(AT/ - T.)' J 

When the inlet valve closes, the piston 
has described a volume V/', which has 
been filled by the weight m" of air at 
pressure Pj and temperature Ï/. We 
have then, 

m' + m" = 7W. (47a) 

There is no external work performed 
upon the total mass of air, since the 
negative work of the piston PiV/' is 
exactly equal to the positive work ex- 
erted by the air of the reservoir. The 

» In (46a) substitute (fc - 1)-^ for R. 
Solve for Tj" and we have 

In this equation put for m' its value In (46) and for /»' 
Its value from (44) and we have 

Pi-Pq Ppt/ 

J ,, _ R R = PifcT^^T, 

' " Pi - Pq ^. I P«t?^ PiT, + Po(&T,'-Ta)- 
fcRT,' "^ RTj 
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weights and temperatures of the air at 
the beginning and the end of the intro- 
duction possess the following relations: 

T/" being the temperature at the end of 
the introduction. 
This equation gives, 

* From (46) 

From (46) and (47a) 

m" — in — in' = m — ^~ J v' 

fcRTj' 

Substituting^ these in (476) and reducing^ we have 

Pi(Vi' + v')-l.(P,-Po)V 

m /// ^ 

^» - B(m + ^') 

By (42), m = ^^'. 

By (44), I*.' = ^, 

hence m + ^' = ^^^ 7f ^' 

and this substituted in the above value of Tj"' Ri^es 
(48). 
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or 

p.(v/+f')-i(p-p,)f' 

' ~ P,V/T,+PyT/ ' ^" 

(48) 

we also have 

P.(V." + V) = K(m + pL')Tr, 

or substituting T/" from (48), 

P.(V." + «0 = P.(V/ + v') 

-|(P.-P>';* (49) 

* (49) gives 

V, " + r' = V, ' + 1;' - ^^^p ^ V (49a) 

But from (46), 

whence Vj' = Vp *^ v^ 

which is the volume entering the clearance space v' 
from the receiver at the pressure P| . Consequently 

v' - ^» " %^ 
AiP, 

is the volume of the air remaining in the clearance 
space of expansion cylinder after it is compressed to 
Pi . Hence (49a) expresses the fact that the volume 
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V/ is giren by equations (38) and (41). 
Equations (49) gives the value of V/'. 

The inlet yalre being closed, the mass 
of air m -|- /^ which is at pressure P, and 
temperature T/" expands without gain 
or loss of heat since we neglect the influ- 
ence of the sides of cylinder. At the 
end of the stroke, this volume becomes 
V, + "^'y î^s temperature T, and it press- 
ure P, . We have then 

P,(V, + v'f = P.(V/' + v'Y, ^ 
or 
P,(V, + Vy = P. \ (50) 

and 

P,(V. + t;')=R(^'^ + /^OT,. (51) 

Equations (50) and (51) give V, and 
T, if Pj, is known, or P, and T, if V, is 
known; this latter being the volume de- 
scribed by the piston of cylinder B. 

present at cut-off in the expansion cylinder is the sum 
of the volume V/ ejected from the receiver and the 
volume left in the clearance spaces a/(er this volume is 
compressed to Pi . Eq. (49) may be written directly 
from (46) by aid of this conception. 
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"We have 




T, = T/"^ . {51a) 



When there is no waste space we have 

k-l 

T, = T/(|j) * . (51S) 

As T/" is greater * than T/, it results 
that for a given weight of air passed 
through the machine, at a given work- 
ing pressure, the final temperature of 
the expanded air would be higher, and 
consequently the number of negative 
heat units produced would be less than 
if there had been no waste spaces. 



* The truth of this statement appears by substitution 
of numerical data in (45a) and the subsequent discussion 
of (47&). Thus for Pj = 4 atmospheres the superheat- 
ing due the work PiVi' performed upon the contents 
m'-\-ii' of the clearance space Vi' so far exceeds the 
cooling influence of the low temperature T^ of the por- 
tion ijl\ that the temperature Tj'' is about ISO® Fahr., 
or 56 degrees above T]'. 

Hence In (476) the numerator must be greater than 
(m' + fi' + w'OTi' = (m-f ^')Ti', whence T,"' must be 
greater thanT/. 
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The work is equal to 
W»= j^(P.V.'-P.V.)+(P -P.)V. 

+ ^(P.-P>'. (52) 

§ 16. In order that the machine should 
work to the best advantage it is evi- 
dently necessary that the air should leave 
the cylinder at atmospheric pressure^ that 
is, that P, should equal to P^. There 
ought then to exist a certain relation, be- 
tween the volume of the compression cyl- 
inder Vo + ^9 ^^^ pressure in the reservoir 
P^ and the volume of the expansion cyl- 
inder V, + v', which may be determined 
by the above equations. To fix the di- 
mensions of a machine we may assume 
Y^ + v and P^ as given, and then deduce 
the value of V, -f v\ 

If we make P, = P^ equations (50) and 
(51) will become 

P.(v.+tO''=P.|(v/+»^ 

1 p — p )* 

-iflp-î-V[, (62a) 



and 



whence 
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P,V. = EmT„ 



ifc-i 



p. Y,+v+P,(V,-v)V T/jr 



(53) 



p / Ti' \ 
♦ The term p ry _ A ^ — ^^ / *® ^^^ given by 

Ledoux, as he probably considers equal per cents of 
clearance in both compression and expansion cylin- 
ders, in which case we have the approximate relation 

V' = =^1;. This approximation is not admissible for 

all percentages of clearances. 

It should be noted that Vq in (53) is the volume Ai'A« 
in Fig. 1, p. 4. If then the volume AgAo be taken as 
one cubic footi which is the case in Table m., we have 



Vo = l + t;(^Oi'*-«^» 



which substituted in (62a) giv^ (68) by considerable 
reduction. ^ 

A more convenient form for calculating the value 
of Vs may, however, be obtained from equation (5Sa) 
as follows: 



We have 



" " Pi • 
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The work is 
k 



^» = F^<^«^'' - ^•^»)' 



or 



\ (54) 



W„ = ^'(T/ - T,). 



This value for the work is the same as 
found in § 7, where no waste space was 
allowed for; only the final temperature 
Tj being greater for the same weight and 
pressure, the work of the air is less. 

Substituting this in equation (6Su) we have 
Hence 

T.+.'-(|-:K'^+i?^v)=(|.;)k-.l. 

From which 



V,= 



>rp xIA RmT/ 



1^ 



'+«[-(l-:ro-iV)] 



(58o). 



In which ==- is the proportion of clearance In the ez- 
pansion cylinder. 
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The work of the resistance of the 
machine is then 



^'-W» = ;fc±i[P.(V -V,') 



or 



W. - W«. = 



mkc 



(55) 



"- A 
(T. - T/ - T. + T.). J 

The negative heat produced is 

Q = mkc(T, - TJ, (56) 

Q,-Q = A(W,-W„). (57) 
The Qsefnl effect of the machine is 

T. - T. 



M - AVj,^ _ ,^^, _ ^^ _^ ,j,^j 



rn \> 



or 



A> 



T, 



T — T ' 

•^1 -^1 rn rn 

rn rn ^^^» -*-i -*•« 



(58) 



♦ We hare from eq. (51a) and (89) -^ = =-* . Hence 

T, — T, = ' ' —To . Substitntlnsr these relations in 
the equation for u we obtain eq. (58). 



V 
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As T/" is greater than Tj , the useful 
effect is less than if there had been no 
waste space, 

§ 17. Table III exhibits the results i 

of a machine having a waste space of "^ 

4 per cent of the volume described by 
the pistons. The amount of air used 
being one cubic foot at 59° Fahr., and 
weighing .07653 lbs. In the cooler the 
air is brought to 64.4° Fahr. 

By comparing these results with those 
of Table I, we see that the effect* of 
waste spaces is by no means to be neg- 
lected since it results in a loss of about 
400 heat units for each theoretic horse- 
power per hour. 



* If the clearance of the compressor was as great as 
four per cent, in practice, the effect of this clearanoe 
would be to require the volume Ai'A,, Fig. 1, p. 4, 
for four atmospheres, to be about 11 per cent of the 
length of the compressing cylinder. 

As a matter of fact, however, the clearanoe of com- 
pressors is not qiiite one per cent of the piston dis- 
placement. This would reduce the extra size of cylin- 
der to about 29^ per cent, but the theoretical loss in 
economy would be the same as given above for four 
per cent clearance since by eq. (58a) the volume Yg , and 
hence the temperature T, for a given weight m of air 
are independent of the compressor clearance. 



o 
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§ 18. We can neutralize the inflnence 
of waste space by closing the outlet ralve 
of cylinder B before the end of the 
stroke, so as to compress the air in this 
space; the stroke of the piston being 
exactly determined, the air in the waste 
space may be brought at the opening of 
the inlet valve to the temperature T/ 
and the pressure P/.* 

In this case equations (34) and (43) 
apply without change. 

During the period of expansion we 
have 

P,(V. + v'f = P.(V.' + v'Y, (59) 

P.CV. + t;') =R(m + /*')T., (60) 

Py = Ryu'T/ (61) 

■whence 



* This condition will not be exactly realized, unless 
the air at the commencement of compression is at the 
same pressure as the air at the end of expansion, for, 
if this is not the case, the air compressed in the clear- 
ance space will be at a different temperature than T/. 
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We must adjust the "cushioning''^ 
caused by the piston of the expansion 
cylinder so as to compress the air in the 
waste spaces from P^ to P^ , hence 

k 



W-=^l(PxV/-P,VJ 
+ (P — P )V -I — — P v'-^ -^ 



W63) 



+ï^i(Po-p>'; 



or 



W. = ^5(T,' - T,) + (i - 1) J«T, 

T,' being the temperature of the air in 
the cylinder at the moment compression 
commences before the end of the stroke. 



• See foot-note p. 42. 

t The term ^(Ti' - Ta) is not given by Ledoux. 
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We have then 

k 



W — W = 

[P.(V-V/)-P.V.+P,VJ 

V —V 1 

When the machine is well-regulated, 
the final pressure P, = P^ and the equa- 
tions (63) and (64) become 





'■;i;-i"«'' 


V.-i; 


or 


_ mhc . , 
~ A ^ • 


-T,), 


and 






w,-w„- 







X^[P.(V.-V.')-P.(V-V,)] 



(66) 
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We haye also 

I^±l - L±^ (67) 

We see that in equation (66) the term 
relating to waste spaces disappears if we 
make v = v\ The equation then be- 
comes 

^LP.(V. - v/) - p,(v. - V,)]. 

The volume V, + v' is determined by 
means of equations (39), (41), and (67) 
when the pressure Pj is known. 

Eeciprocally whenV^ , v, V, , and v', the 
dimensions of the machine, are known 
then V/ is readily found, and conse- 
quently Pj and T^, the pressure and 
temperature at the end of the stroke in 
cylinder B to insure the escape of the 
air at the atmospheric pressure. 

Effect of Injecting an Excess of Water 
into the Compressor. 

§ 19. It was remarked in § 5 that the 
efficiency of the machine could be no- 
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tably improved by cooling the air in the 
interior of the compressor cylinder. 

This result can be accomplished^ in 
part at leasts if not completely^ by means 
of a jet of water^ such as is employed in 
air compressors. 

We will proceed to calculate the work 
necessary for the compression in this 
particular case, neglecting the effect of 
waste spaces. 

Let m be the weight of dry air occu- 
pying the volume V^ . Let M represent 
the weight of water injected together 
with the amount of moisture into the 
air, and Ma: the weight of the vapor at 
any instant. 

The dilatation or compression of the 
mixture of the vapor and air is effected 
in such a manner as to satisfy the differ- 
ential equation, 

mcdt + M(rfg + dxp) = - APrfV, (69) 

which expresses the fact that variations 
in the internal heat of the mixture equal 
the variations of work accomplished. 
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We have also 

dq = c^dty 

c^ being the specific heat of water. 

We may then write the differential 
equation 

{mc + ^c^)dt + KpdY = - \}id{xp) 
+ A(P -i?)^] = - \)JLd{xp) 

+ È^mTdY\ [by (70a)] (69a) 

f being the tension of the vapor, and P 

that of the mixture. 

Then 

xp =^ xr — Apxu, 
d{xp) = d{xr)—Apd{xu) — Axudp, 

and 

^V = M.d(xu). 

.'. d{xp) = d{xr) '-^ Axudp, 

p is the latent heat of the vapor ; 
r is the heat of vaporization ; 
u is the increase of volume of a kilogram 
of water vaporized. 
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We know also that 

. dp _xr* 



We have then 



Me?(a;/o) + AjorfV = M rf(:cr) - ^^ 



or 



By (69a) we then have 



ixr\ 

\T7 • 



Integrating between the limits T^ and 
T 



,T 



x.r. 



rX,r, 



{mc + Mc.) l^^ + M-^-5 - M-,j^i 



+ ARml^ = 0, 

* 1 

V V 

Mx^ = — " and Ma;, = — ^ ; 



(70) 



— and — are very nearly the weights per 



u 



u. 



* RankiQe's Steam Engine, art. 355. 
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cubic foot of the vapor under the press- 
ures ^^ and Pj. 
We have, furthermore, 

V, = Emp^ (70a) 

Equation (70) will give M when Tj and 
Tç are known. 

AW, = mc{T, - TJ + Uiq, - q, 

+ x,p, - x,p,) + A(P,V, - P,V.) 
or 

AW, = mk€{T, - TJ 

+ M(?, -qo + a^i^i - aîoO- (71) 

This equation gives the work of resist- 
ance when M is known.* 

* The two equations (70) and (71 )« which express the 
relations between the volumes and the temperatures of 
a mixture of air and vapor, which is compressed or 
dilated, and which determine also the value of the 
work, are applicable to the Mekarski compressed air 
street-car motor. 

In this machine the compressed air is reheated just 
before it is introduced into the expansion cylinder by- 
being forced through water, having a temperature of 
100<* to 160<*. The cylinder then contains air and satu- 
rated vapor, heated to a mean temperature of 100**. 

The weight H of equations (70) and (71) is then the 
weight of the vapor contained in air, saturated at the 
temperature at which it leaves the hot water. 
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In M. Colladon^s compressors, into 
which a spray of water is injected, the 
air being compressed to four atmospheres, 
the temperature T^ does not rise above 
122° F.,* the external air being about 
59° F. 

— " ■ ■!■ ■ t m ^ ■■ ■ ■■■■ — ^— ^ 

* No indicator cards were taken off the Colladon 
compressor, it being assumed that the low tempera- 
ture of «the air at exit from the compressor greatly 
reduced the work of compression. It is now known, 
however, by experiments on other compressors, that a 
temperature at the exit as low as even 90° F. produces 
but little effect in reducing the work of compression. 
The fact seems to be that the cooling influence of the 
water occurs after the compression is complete. 

In the case of the test of the Bell-Coleman air-refrig- 
erating machine, reported by Prof. Schr5ter, air 
compressed to about 4 atmospheres was elevated in 
temperature only 84° F., its temperature of exit from 
the compressor averaging about 80° F. Nevertheless 
the curve of compression is practically identical with 
the adtabatic. In the case of experiments made by 
Mr. F. T. Gause, at Hoboken, a spray was made by the 
collision of two streams of water striking each other at 
an angle, as in the case of Colladon*s practice. Such 
spray injected into an 8 X 12 air-compressor under 200 
lbs. pressure, so that the volume of water supplied was 
1/500 part of the volume of air compressed (the volume 
of water in CoIIadin's practice was only about 1/1200 of 
the volume of air) failed to secure a lower value of the 
exponent a than 1.25. Such an exponent realizes about 
1/3 of the theoretical saving possible if the compression 
curve was an isothermal line, i.e., followed the law of 
Mariette. The compressor was run at 100 revs, per 
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We deduce then per cu. ft. of air com- 
pressed, 

Y, = 0.284:^9 cu. feet; 
M = .0357 lbs.; 
Wr = 3132 f t.-lbs. 

When the compression is effected with- 
out external cooling, we found in § 11 
that the work of compression = 3614 
foot-pounds, which shows a gain in the 
above process of about 13 per cent. 

It remains to determine W^ for any 
pressure without any known value of T^ . 

When a certain volume of air is dilated 
or compressed, with or without the addi- 
tion of heat, the relation of pressure to 
volume is expressed by the equation 

PV" = a constant. 



V. 




(72) 



minute, sing^le-acting, and the highest air-pressure was 
100 lbs. above the atmosphere. The exit temperature 
of the air was maintained at 90** F., either by the per- 
fect spray injection or by the same quantity of water 
injected as a solid half -inch stream. In the latter case 
the exponent a averaged 1.86. 
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and 

which gives 

a-l_ log T. - log T. 

« -log(P.-i^.)-log(P.-i>.)' ^ ' 

Tj having been found by experiment, 
equation (74) gives a. 

Making, in (74), Pi = 4 atmospheres, 
T, = 581.4, and T„ = 518.4 we find a = 
1.0912.* a being thus determined, equa- 
tion (73) will give T^ . Only jo, being a 
function of T^ , the latter must be found 
by successive approximations. 

Equation (70) gives 

Mc, = 0.4343- °^ ^' ' + 0.5888W. 

log Fn- 

■*-o 

^0 > ^0 > ^ly ^^^ ^3 *^re furnished by the 
tables. 



* It is evident from the preoediDg foot-note, p. 66, 
tbat 80 low a value of a was not realized in the Col- 
ladon oompreseors which gave t^ &= 128? or Ti s 581.4. 
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Finally we obtain W^ by equation (71). 
The saturated air in passing into the 
cooler is reduced in temperature from T, 
to T/, and a portion of the vapor is con- 
densed. The weight of vapor remaining 
and introduced into the expansion cyl- 
inder is 

—, being the weight per cu. ft. of the 

vapor corresponding to the tempera- 
ture T/. 

We will now calculate the cooling pro- 
duced by the expansion and the work as 
explained in § 13. 

§ 20. Table IV exhibits the results 
obtained from a cubic foot of air satu- 
rated at 59°, since the sides of the com- 
pressor cylinder are covered with water. 
The weight of the air is .07524 lbs. 

An examination of this table and a 
comparison with the table of § 14 shows :* 

* By virtue of facts stated in foot-note, page 65, 
the efficiency available by water injection should be 
considered to be about the same as in Tables I, II, and 

in. 



^ 0.6 PKR CENT OF ITB VoLDME. Tl 
BUTBî**^ .OLKD IN THE CoKQBNBER TO 64.4° 

Cdbic Foot of thb Mix- 
U .07534 Lbb. 



iroric due U> eipansloii ol a 




— ^-'^s^^"? ■■■■-— 



.47B^) + (^ - iiV)r,', 
to nithlD about 1/3 per c 



i 



To face poi, 
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Ist. That the injection of water into 
the interior of the compressor cylinder 
increases the efficiency 40 to 50 per cent. 

2d. That the efficiency is at a maxi- 
mum at a pressure of 2 1/2 atmospheres. 

3d. That it diminishes^ though slowly^ 
as we vary from this pressure. 

4th. That the quantity of snow or ice 
produced is not greater than that which 
comes from the moisture of the atmos- 
phere. 

The most favorable working pressure 
appears to be in this case nearly 4 atmos- 
pheres, since we obtain then a sufficiently 
good result (2.7 to 2.8 negative heat units 
per cu. ft. of air), with a relatively good 
performance of 4800 negative heat units 
per hour per horse-power. 

Theoretically the injection of water 
into the compressor affords a great ad- 
vantage. But it is possible that the 
water resulting from the condensation of 
vapor in the cooler does not all remain 
in the reservoir, but that a portion* is 

* The water is in practice mechanically separated by 
the use of several receivers, or by diaphragms or de- 
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carried mechanically into cylinder B. 
The results indicated above for the ef- 
ficiency would in such a case be con- 
siderably modified, and the increase in 
the quantity of frozen vapor would con- 
stitute in practice a grave inconvenience. 
Experiment can alone decide this 
question. 

Refrigerating Machines Employing Fa- 
jpors of Volatile Liquids. 

We have examined in the preceding 
pages nearly all» the problems relating 
to the air machine. We will pass now 
to the study of the second class of ma- 
chines, or those which transform motive 
force into negative heat by the employ- 
ment of a liquéfiable gas. 

§ 21. The principle of these machines 
is the same as that of the kind described 
in the last chapter. The gas is com- 
pressed, then deprived of its heat, and 



flector plates in a special receiver. Moisture is also 
precipitated from the air by chilling it while under 
pressure or before it reaches the expander. 



71 



finally caused to expand in such a man- 
ner as to lower its temperature. Only 
in this instance the abstraction of the 
heat which follows the compression has 
the effect to liquefy the gas, and it is the 
Taporization of the resulting liquid which 
produces the lowering of the tempera- 
ture. 

When a change of volume of a satur- 
ated vapor is made under constant press- 
ure, the temperature remains constant. 
The addition or subtraction of heat, 
which produces the change of volume, is 
represented by an increase or a diminu- 
tion of the quantity of liquid mixed with 
the vapor. 

On the other hand, when vapors, even 
if saturated, are no longer in contact 
with their liquids, and receive an addition 
of heat, either through compression by a 
mechanical force, or from some external 
source of heat, they comport themselves 
nearly in the same way as permanent 
gases, and become superheated. 

It results from this property, that re- 
frigerating machines using a liquéfiable 
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gas will afford results diflfering according 
to the method of working, and depend- 
ing upon the state of the gas, whether it 
remains constantly saturated or is super- 
heated during a part of the cycle of 
working. 

§ 22. We will suppose first that the 
gas is constantly saturated, and will 
examine the conditions to be fulfilled 
under this hypothesis and the results 
that may be obtained. 

Employing the notation of the preced- 
ing chapter, we will designate by m the 
weight of the gas employed, P^ and T, 
the pressure and the absolute tempera- 
ture of the cooled gas, P^ and T/ the 
pressure and the absolute temperature in 
the condenser. 

The pressures P, and P^ are deter- 
mined by the temperatures T, and T/. 
These are the pressures of a saturated 
vapor at these temperatures, and are 
given in EegnaulVs tables. 

The temperature of the condenser is 
determined beforehand by local condi- 
tions. Depending on the surface, the 
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interior of the condenser will exceed by 
9° or 18° the temperature of the water 
furnished to the exterior. This latter 
will vary from about 52*^ F. the tem- 
perature of water from considerable depth 
below the surface, to about 95° F., the 
temperature of surface water in hot 
climates. The volatile liquid employed 
in the machine ought not at this tem- 
perature to have a tension above that 
which can be readily managed by the 
apparatus. 

On the other hand, if the tension of 
the gas at the minimum temperature is 
too low, it becomes necessary to give to 
the compression cylinder large dimen- 
sions, in order that the weight of vapor 
compressed by a single stroke of the 
piston shall be sufficient to produce a 
notably useful effect. 

These two conditions, to which may 
be added others, such as those depending 
on the greater or less facility of obtaining 
the liquid, upon the dangers incurred in 
its use, either from its inflammability or 
unhealthf ulness, and finally upon its ac- 
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tion npon the metals^ limit the choice to 
a, small number of substances. 

The gases or vapors available are: Sul- 
phuric Ether, Sulphurous Oxide, Am- 
monia^ Methylic Ether, and Carbonic 
Acid. 

Table V., derived from Kegnault, ex- 
hibits the tensions of the vapors of these 
four substances at different temperatures 
between — 22^ and -f 104°. The original 
tables expressed the tensions in milli- 
meters of mercury. To facilitate com- 
putation, the tensions are here given in 
pounds per square inch. 

An inspection of the table shows at 
once that the use of ether does not 
readily lead to the production of low 
temperatures, because its pressure be- 
oomes then very feeble. 

The ether machine is, however, aban- 
doned. Ammonia on the contrary is well 
adapted to the production of low temper- 
atures; but its elastic force is very great 
at temperatures from 59° to 86° which 
SkTQ readily produced in the condenser. 
It is not a good aid to the transformation 
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Tabi^ v.— Prbsstjrbs and Boiling Points 

OF Liquids ayailable for usb in 

Rbfriobbating Machines. 



Tempera- 
ture of 
Ebullition. 


• 

Tension of Vapor, in lbs. per sq. in., above 

Zero. 


Deg. 
Fahr. 


Sul- 
phuric 
ether. 


Sul- 
phur di- 
oxide. 


Am- 
monia. 


Methy- 

lic 
ether. 


Car- 
bonic 
acid. 


Plctet 
fluid. 


(1) 
- 40 


(2) 


(8) 


(4) 

10.22 

13.28 

16.95 

21.51 

27.04 

33.67 

41.68 

50.91 

61.85 

74.55 

89.21 

105.99 

125.08 

146.64 

170.88 

197.83 

227.76 


(5) 


(6) 


(7) 


- 81 












-22 

- 18 

- 4 
5 

14 
28 
32 
41 
60 
59 
68 
77 
86 
95 
104 


t • • • • • • 

1.30 

1.70 

2.19 

2.79 

3.55 

4.45 

5.54 

6.84 

8.38 

10.19 

12.31 

14.76 

17.59 


5.56 
7.23 
9.27 
11.76 
14.75 
18.31 
22.53 
27.48 
33.26 
39.93 
47.62 
56.89 
66.37 
77.64 
90.82 


11.15 
13.86 
17.06 
20.84 
25.27 
80.41 
36.34 
43.18 
50.84 
59.56 
69.35 
80.28 
92.41 


• • • « ■ • • 

251.6 

292.9 

840.1 

893.4 

453.4 

520.4 

594.8 

676.9 

766.9 

864.9 

971.1 

1085.6 

1807.9 

1338.2 


13.5 
16. » 
19.3 
22.» 
26.» 
81.» 
36.2 
41.7 
48.1 
55.6 
64.1 
73.2 
82.9 



CSolumns 2 to 6 have been deduced directly from the 
results g:iven by Regnault. The figures given above do 
not agree precisely, in the case of carbonic acid, with the 
table given at the end of this work. This is due to the 
fact that in some cases the pressures in the table are 
calculated by a formula that is made different in form 
from that given by Regnault. Column 7 is derived 
from a curve of pressures and temperatures given in a 
work by R. Rudolff Grubs, entitled " Kompressions 
K&lte-Machinen." The Pictet fluid is a mixture con- 
taining about 97 per cent of sulphur dioxide and 3 per 
cent of carbonic acid. 
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of mechanical force into heat, on account 
of the difficulty of maintaining tight 
joints in the apparatus, and of the influ- 
ence of waste spaces at the high press- 
ures.* Methylic ether yields low tem- 
peratures without attaining too great 
pressures at the temperature of the con- 
denser. Finally, sulphur dioxide readily 
affords temperatures of +14° to +5°, 
while its pressure is only 3 to 4 atmos- 
pheres at the ordinary temperature of 
the condenser. These two latter sub- 
stances then lend themselves conveniently 
for the production of cold by means of 
mechanical force. 

§ 23. Let c be the specific heat of the 

liquid employed. 
q the quantity of heat neces- 
sary to raise 1 pound of 
the liquid from 32° to 

T° - 459.4°. 



g = c(T-459.4) 



* American practice has reduced the clearance to 
less than one per cent and improvements in fittings 
now makes pressures of 200 lbs. per sq. inch as safe as 
were pressures of 60 lbs. ten years ago. 
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X, r, p the, total heat, the heat of vapor- 
ization, and the internal latent heat of 
the vapor considered at the tempera- 
ture T° - 459.4. ° * 

Uf the increase of volume of one pound 
of liquid vaporizing at T° — 459.4.° 

We have by definition 

p = r — APu. 

We will apply indices to these quanti- 
ties similar to those which affect the let- 
ter T in designating the different abso- 
lute temperatures. 

In order that the vapor be constantly 
saturated, it is necessary that the quanti- 
ties of liquid and of vapor taken into the 
compressor at once be such that at the 
end of the compression all the liquid 
shall be vaporized and the vapor shall 
not be superheated. 

If we let re/ represent the proportion 

♦ The quantity r = p-^ APn is called by English 
writers the latent heat of evaporation. This is the 
quantity given by Regnault^s experiments, and tabu- 
lated in D. K. Clark's Manual, as the latent heat. 
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of vapor contained in the mixture at the 
commencement of the inflow, the work 
of compression will be equal to the dif- 
ference in the amount of internal heat of 
the mixture at the beginning and end 
of the compression, that is to say to 

The work of the inflow into the con- 
denser will be P,V/, in which V/ is the 
volume occupied by a weight m of the 
vapor at the end of the compression; 
and the work of the back pressure will 
be P,V, , V, being the volume occupied 
by the weight mx/ of vapor. 

We have also 

and 

V, = mx,'{ii, + y, (75) 

* This is the work between the compression cuiro 
and the line of zero back pressure. The work of out- 
flow is not included. This formula holds good for 
those vapors that tend to superheat during compres- 
sion, and must be slightly modified to fit those that 
condense— such as ether. See % 24, page EO. 
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â being the weight of the liquid in lbs. 
per cu. ft. supposed constant. 

We may neglect the fraction which is 
very small, and write 

V/ = mu/, 

from which we may get 

mr/ = mp/ + AP,V/, (75a) 

and 

mr, = mp, + AP,V, . (75Ô) 

The total work of the compression in- 
cluding the outflow is 

AWr = ni{q/ - gr^ + r/ - x,'r^)* (76) 

As the compression follows an adia- 
"batic curve, the quantities $'/, q^, 'r',r^y 
T/ and T, bear the following relation :f 

r' 



T- T, 



T.' 

8 



♦ The total work of compression including outflow 
= the value given in (74a) + PiV,' - PaV^'. Substitut- 
ing in this the value given in equations (75a) and (756) 
we obtain (76). 

t This is the fundamental equation of adiabatic ex- 
pansion of a saturated vapor. Rankine St. Eng. , Art. 
284; RSntgen's Thermodynamics, Chap. XXIII. ; Wood's 
Thermodynamics, Art. 112. 
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or more simply, 

r ' T ' x'r 

-^1 ^% -"-a 

Equation (77) will give the quantity 
a;/. Consequently equation (75), when 
we know tw, furnishes the volume V, 
that the piston should describe during 
the aspiration in order that all the liquid 
shall be vaporized at the end of the 
compression; or, inversely, the weight 
m may be found if V, be given 

The vapor flows into the condenser 
where it is liquefied^ 

The heat absorbed by the water of the 
condenseras 

Q^ = mr/. (78) 

4 

The liquid then passes into the ex- 
pansion cylinder where it is vaporized, 
producing work till it attains the press- 
ure Pj and the temperature T, of the 
refrigerant. At the end of the expan- 
sion, the weight of vapor in the mixture 
is mx^ • 
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The work, including the counter- 
pressure, and neglecting the work of 

m 
introducing the liquid jo^-^, which is 

very small, is 

AWn.=^m{q/^q,--x,r,), (79) 

and the equation of the adiabatic curve 
Is 

rf'- = Cl^, (80) 

which determines x^ . 

The quantity of heat Q necessary to 
bring the mixture whose weight is 
m{\ — x^ of liquid and mx^ of vapor to its 
primitive condition, in which rw(l-— rr/) 
is the weight of the liquid and mx^' is 
the weight of the vapor, is, 

or by reason of equations (77) and (80) 
Q = ^f«r/. (81) 



* It is assumed that there is no superheating of the 
▼apor in the refrigerating coils. 
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The work expended is W^ — W,» and we 
have 

A(W, - W«) = m[r/ - (a;/ ^ a;,)r J 

= Q,~Q. (82) 

The ^^ efficiency^^ of the machine is 
Q - AQ _ T, 

w, - w^ " Q, - Q " "^^ T/- t; ^''''> 

a result already found in section 3, and 
which is identical with that at which we 
arrived in the case of permanent or non- 
liquefiable gases. 

§ 24. We will now take a numerical 
example, and consider the dimensions of 
the cylinders to be so regulated that a 
final temperature of + 5° F. is obtained, 
the temperature of the condenser being 
+ 64.4° F., and the volume of gas taken 
into the compressor at each stroke, 
V, = one cubic foot. 

The resolution of the above equa- 
tions supposes a knowledge of the values 
of r, q, Cy and w, or KYu, They have 
been determined directly by Regnault 
for sulphuric ether, but not for sulphur 
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dioxide^ ammonia and methylic ether. 
Availing ourselves of the experiments of 
Kegnault* upon the compressibility of 
gases, we have been able to determine 
these quantities for sulphur dioxide and 
ammonia, and to prepare tables giving 
results for every nine degrees from — 32'* 
to + 104°. 

The method of calculating these tables 
will be found in a note at the end of 
this essay. 

For sulphur dioxide we find 



t^ = 5° or T,. 


= 464.4, 


^' = 


64.4 or T/ = 523.8, 


r, - 170.82, 


r/ - 156.76, 


AP,w, - 14.26, 


AP,w/ = 15.40, 


q, - 9.79, 


^/ = 11.80, 


u^ _- 6.50, 


w/ = 1.88. 


Tlio foKlu nf 8 


p 



p 

and r-^ = 44.33 lbs. per sq. in. 
144 



*The quantity determined by Regnault, which is 
here used, is the value of PV at 8. 1* C. See appendix 
and deductions, S 27. 
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Making the calculations indicated by 
the equations (77) and (80) we find 

a:/ = 93.29 per cent, 
x^ = 11,90 per cent. 

Equations (75) gives 

m = .1645 lbs. 

Equations (76) and (79) give 

AWr = 3.13 B. T. U. ; 
whence 

Wr = 2417 ft. lbs. 

whence 

Wm = 161 ft. lbs. 

Finally equations (78) and (81) give 

Q^ = 25.80 B. T. U. 
Q = 22.88 



a 



Thus the volume described by the 
piston of the compression cylinder being 
one cubic foot, .1645 lbs. of sulphur diox- 
ide working between + 5° and + 64.4° 
produce 22.88 negative heat \inits. To 
effect this it is necessary to introduce 
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into the compressor cylinder at each 
stroke a mixture of liquid and gas of 
which the proportion should be 93.29 
per cent of gas and 6.71 per cent of 
liquid. 

Ammonia. 

From Table XIX we have for ammonia 
t, = 5°, t,' = 64.4, 

^" = 33.67 lbs., f/j = 117.44, 



144 — ' 144 

r, = 580.56, r/ = 543.03, 

AP,î^, = 51.86, AP^t^/ = 57.12, 
u^ = 8.27, «/ = 2.63, 

q^ = — 26.42, $'/ = 33.68. 

The mean specific heat of the liquid at 
32° is c = 1.0058. 

By means of these given values we 
find 

ic/ = 92. 62 per cent, 
x^ = 9.68 per cent, 
m = .1303 lbs., 
AWr = 8.53 B. T. U., W,. = 6591 ft.lbs., 
AW^= .51 B. T. U., W„i = 391 ft. lbs., 
Q, = 70.78 B. T. U., 
Q = 62.75 B. T. U. 
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Thus .1303 lbs. of ammonia working 
between the same limits of 64.4** and + 5*** 
and with the same dimensions of com- 
pressor cylinder as sulphur dioxide, fur- 
nish 62.75 negative heat units per hour. 

Carbonic Acid. 



Prom Table XX we 


have for carbonic 


acid* 




^,-50 


// = 64.4 


^y- = 342 1b8. 
144 


P' 


r, = 121.50 


r/ = 67.93 


AP,u, = 15.50 


AP/w/ - 9.94 


u, — .2435 


t// = .0650 


q^ = - 20.92 


q/ - 35.80 



The mean specific heat of the liquid 
from 64.4° to 5° as derived from Table 
XX is 

c = .955. 



* The case of carbonic acid has been added by the 
revisers. 
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Employing the above values we find: 

a;/ = 93.52 per cent x^ = 43.93 p. c. 

m = 4.119 lbs. 

AW^ = 45.40 B.T.U. W^ =35,090 ft.-lbs. 

AW«= 13.78 B.T.U. W^=10,650 ft.-lbs. 

Q, = 279.80 B. T. U. 

Q = 248.18 B. T. IT. 

Ether. 

We will now consider ether. The 
vapor of ether, unlike steam, superheats 
during expansion and condenses during 
compression. An ether machine ought, 
therefore, to work so that only vapor is 
introduced into the compressor cylinder, 
and not a mixture of liquid and vapor. 
At the end of the compression a part of 
the vapor becomes condensed. 

We shall then have x^ = 1, and the 
equations above found become: 



V.' = mx:{u: + 1), 
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m / — m ^ • *> ry\ 9 

'"•'•• - cl '^'' 

"rfT — ^^ TT\ y 



Q = m(l - a; Jr, , 

AW« = mCî'/ - î', - x^r^). 

The empirical formulas established by 
Eegnault for the vapor of ether are 

r = 171.24 - .04873^ - .000473^*, 
APw= 11.78+ .0756^ - .000752^% 
Î = - 16.76 + .51849^ + .0001644^, 

and we deduce'i 

for ^ = 5° and t' - 64.4, 

:^ = 1.70 lbs. A. = 7.76, 

144 144 

r, = 170.99, r/ = 166.14, 

AP,w, = 12.14, AP,w/ = 13.53, 

u^ = 38.37, 

y, = - 14.16, q,' = 17.31, 

c = .5299, 

and we have 

d = .736. 
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Performing the calculations indicated, 
we find, 

x^ = 17.32, 
a:/ = 100, 
a:/ = 95.97, 
m = .0260, 
Q, = 4.15, 
Q = 3.68, 
AW,. = .52, W,. = 401 ft.-lbs., 
AW« = .05, W,^ = 37 ft. -lbs. 

The same machine, working between 
5° and + 64.4°, will therefore give the 
following cooling effect per cubic foot of 
compressor-piston displacement — 

Carbonic acid. . .248.18 negative heat units. 

Ammonia 62.75 " '* 

Sulphur dioxide .22.88 " " 

Sulphuric ether.. 3.68 " *' 

With each substance the useful effect 
is .0101 thermal units per ft.-lb. of com- 
pression work, since all the substances 
are confined to a Carnot cycle between 
the temperatures + 5° and + 64.4°. 

§ 25. Since the positive work W,», ex- 
cept in the case of carbonic acid, is small 
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compared with the negative work W,, 
we can, without great loss of power, 
simplify the machine by suppressing the 
expansion cylinder and replacing it by a 
simple cock so regulated as to deliver 
into the cooler a weight of fluid precisely 
equal to the amount admitted to the 
compressor to obtain the required cool- 
ing effect. 

The cycle of operations is not rever- 
sible when a simple cock is used, and 
therefore does not fulfill the conditions 

Q 

of a Oarnot cycle. We shall have -j-^ = 

p. 7^ 9 but the proportion ^ ?. will 

T 
be less than ^^ ^ * * ^^^ hence the effi- 



Ï/- T 



t 



ciency is less. 

This manner of working is represented 
in the diagram, Fig. 3, by replacing the 
adiabatic line V/V, by the two right 
lines V/V/" and V/"V/'. V/' is situ- 
ated to the right of the point V,. The 
quantity Q proportioned to V/' V. is there- 
fore less than the quantity Q of the pre- 



ceding case which was proportioned to 
V,V, , and the quantity Q, — Q will be 






augmented by a qoantity proportional 
to the area V/V,"'V, . 
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The equations (76), (77), and (78) re- 
main unchanged. 

The weight m of the liquid under the 
pressure P, and the temperature T/ 
passing suddenly into the refrigeiating 
coils, a part of the liquid is vaporized; 
the temperature of the liquid becomes T, 
and the pressure P,. The quantity x^ of 
liquid, which is vaporized, is given by 
the equation 

«»(?.- ?/+ a:,P,) + AP,V/- A(P.- P.) 

^ -u, 

which shows that the variation of inter- 
nal heat m{g, — g,' -\- x,p,) is equal to 
the exterior work accomplished ; 

- AP,V/ + A(P. - P,)-|; 

V/ being the volume occupied by the 
weight mx^ of vapor after the passage of 
the mixture into the refrigerating coils. 
We have 



V/ = mx,\u, + '^. 
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1Î we neglect the very small qasntity 

AP - 

the preceding equation becomes 

a'.»". = 5'.'-5',- (84) 

The quantity Q is still given by the 
equation 

Q = TO (a;/ - x,)r, , 

or by reason of eq. (76) 

Q = mr,' - AWr = Q, - AW^, 

from whence the useful effect is 

The useful effect will be less than for the 
Carnot cycle because the value of x^ given 
by eq. (84) is always greater than that 
given by eq. (80). Consequently the value 
of Q will be less in the second case than in 

Q 

the first, and hence the ratio q—^q will 

be less. 

In applying equations (84) and (85) to 
the same limiting temperatures, + 5° 
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and 64.4°, as in § 24, we find for sulphur 
dioxide 

x^ = 12.64 per cent, 
Q = 22.68, 

and the useful effect = .0094 heat unit» 
per ft.-lb. of work of compression 
Wy — W„». For ammonia: 

ic, = 10.35 per cent, 
Q = 62.25, 

and the useful effect = .0094 heat units 
per ft.-lb. 
For sulphuric ether, 

x^ = 18.46 per cent, 
Q = 3.45, 

useful effect = .0086 heat units per ft.- 
lb. of work. 
Finally, for carbonic acid : 

x^ = 46.68 per cent, 
Q = 234.38, 
useful effect = .0067.* 

* It is seen that the loss of efficiency due to the use 
of t^e expansion cock is 7 per cent for sulphur dioxide 
and ammonia, 15 per cent for ether, and 33 per cent for 
carbonic acid. 
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§ 26. In order to realize either the 
cycle of Carnot or the non-reversible cycle 
indicated above, it is necessary, when we 
employ a liquéfiable gas which superheats 
under compression, to introduce into the 
compressor cylinder at each aspiration a 
mixture of liquid and vapor in such pro- 
portions that it shall all be in the state 
of gas at tlie end of the compression. 
The preceding equations assume this to 
be accomplished. 

We can, however, devise no means * of 
exactly realizing this condition in prac- 
tice. So we content ourselves, when em- 
ploying freezing machines that use a 
liquéfiable gas, with introducing the gas 
into the compressor without any mixture 
of liquid. It follows therefore, that the 
gas superheats during compression with 
sulphur dioxide, ammonia^ and carbonic 
acid. 



* Although there is no practical means of exactly 
adjusting the mixture of vapor and liquid, certain 
Ammonia plants are operated with a surplus of liquid 
present during compression, so that superheating is 
prevented. This practice is known as the ** Cold Sys- 
tem" of compression. 
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It is clear that under these conditions 
we augment the range of temperature 
between T^ of the gas arriving in the 
condenser, and T, of the vapor in the re- 
frigerating coils, and consequently in- 
crease the cooling effect of a given weight 
of substance. The efficiency is, however, 
reduced by the superheating, as will be 
evident from the following argument. 

Referring again to Fig. 3, it is seen that 
we start with a volume v^ greater than V, 
of the preceding case, compress the vapor 
to the volume v^ following the adiabatic 
curve v^v^ of the superheated gas; cool 
it from the temperature T^ to the temper- 
ature T/ corresponding to its liquefaction 
under the pressure P^ . It is then passed 
into the refrigerant, either producing 
work and describing the adiabatic curve 
V',V, or by means of a cock, in which 
case the volume, after entering the re- 
frigerant is PoV,", and we lose the work 
of the expansion cylinder V^V/P^P^. 

The quantity of negative heat gained, 
if superheating is allowed to take place 
during compresssion, is represented by 
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the length V.Vo ^^^ *^® increase of resist- 
ant work by the area V.V,v,t;, . 

Tracing from the point v^, the adiabatic 
curve of the saturated vapor, the point 
v/ will be to the left of v, . 

If the compressed vapor follows the 

adiabatic v^v/, the performance ^r-7 Tr> 

will be equal to the performance ^ j~ 

of the Carnot cycle V,V,V/V,. 

But as the compression follows the 
line v^v^ we see that for the same quan- 
tity Q' of obtainable negative heat, the 
quantity Q, — Q' would be greater by a 
quantity proportional to the area v^v^v'. 

We can say, then, that, à priori, the 
useful effect of freezing machines work- 
ing so as to superheat the gas is less 
than that of machines that work with- 
out superheating. 

The difference* is small, as we shall 
see later. 

* By the examples, §§ 30-34, it appears that the dif- 
ference in economy is about 5 per cent for 8O9 , about 
6 per cent for ammonia, and about 11 per cent for COs , 
as compared with the use of an expansion cock without 
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§ 37. We will now establish the ther- 
modynamic formulas for the condition 
that we introduce into the cylinder dur- 
ing aspiration only gas, and in such 
a state as to superheat during compres- 
sion. 

A certain volume V, of gas being under 
pressure P^ and temperature T, , it is re- 
quired to find its volume Vj and its tem- 
perature Tj when it shall have attained 
the pressure P^ of the condenser. 

If liquéfiable gases behaved like per- 
manent gases, it would suffice to use the 
equations (1) to (6), which were estab- 
lished in § 10 for the compression of air. 

But the researches of Regnault on the 
compressibility of gases have established 
the fact that when near the liquefying 
point these bodies are far from following 
the laws of Mariette and Gay-Lussac, 
upon which the formulas for air are 
founded. 

Zeuner has given {Théorie Mécanique 

superheating; or 12 per cent, 13 and 41 per cent, re- 
spectively, as compared with a Carnot cycle, involving 
the use of an expansion cylinder, as per examples, § 34. 
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de la Chaleur) the result of his researches 
upon superheated steam. 

He found the following relation to ex- 
ist between the pressure P in lbs. per sq. 
ft., the volume of the unit of weight, or 
one pound (specific volume), i;, and the 
absolute temperature T, 

Pi; = BT - CF»,* (86) 

in which C and n are constants to be de- 
termined by experiment 

B = ^, (87) 

Cp being the specific heat of the vapor 
under constant pressure, which is con- 
stant according to Regnault. 

If we make k = 4/3, B = 92.84, and 
C = 938.9, we find that this formula fur- 
nishes, for the specific volume of steam, 
numbers which agree remarkably well 
with the results of experiment.! 

Zeuner does not offer this relation as 

* See remark, p. 170, on origin of (86). 
tn = *-^ = .25. 



* -f 
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rigorously exact, but as giving much 
better results than the formula 

Pv = RT, 

which applies to permanent gases. 

Liquéfiable gases being nothing but 
superheated vapors, we will employ equa- 
tion (86), established for superheated 
steam, but will determine the constants 
in each case, employing the results of 
Regnault^s experiments upon the dilata- 
tion and compression of gases. 

If we call a the coeflBcient of dilatation 
of the gas under atmospheric pressure, 
and a temperature of 33° Fahr., it is 
easy to see that eq. (86) gives 

1 * 



a = 



491.4 -g3117~ 



and 

3117i;, = 491.4B - C . 3117«; (88) 

whence 

21Vllv,a = B, (89) 

dv 
* This value of o is simply the value of —77 from 

(86), which is differentiated consideriDg F as a constant 
equal ^o 2117 lbs. per sq. ft. 
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an equation which gives B when we know 
the coefficient of dilatation and specific 
volume v^ at 32° and atmospheric pressure. 

If the relation (87) were exact, it would 
suffice with equations (88) and (89) for 
determining B, C, and n. But the 
numbers thus obtained do not coincide, 
at least in the case of sulphur dioxide 
and ammonia, with the results obtained 
by Reguault. Instead therefore of using 
equation (87) we will determine 7i by the 
results found by Regnault for the prod- 
uct PV.* 

Regnault gives values of PV for sul- 
phur dioxide at the temperature of 35.06°, 
and at 46.58° for ammonia, and for press- 
ures varying from 14 to 23 lbs. per sq. 
inch for sulphur dioxide, and from 13 to 
28 lbs. per sq. inch for ammonia. We 
can deduce from these the ratio of the 
volumes at the high and low pressures, 
and thus obtain two values of PV in 
Zeuner's equation. From the density of 

* The following method of determiniDg the constants 
has been re-written by the revisers so as to give the 
several steps in greater detail. 
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the gas we obtain the volume v^ at 32° 
and under atmospheric pressure, which 
together with the coefficient of dilatation 

PV 

enables us to determine two values of — 

m 

for the temperature at which Eegnault^s 

experiments were made. We have from 

(86) 

PV = TwBT - ywCF», (90) 

which, together with equation (89), will 
furnish B, C, and n, in the following 
manner : 

For sulphur dioxide 

a = a.0021682 per degree Fahr.; 
V, = 5.513.* 

Introducing these values in (89), we 
obtain 

B = 25.305. 

For atmospheric pressure and T/ = 
494.5, 

* This corresponds to the density given by Berzelius. 
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m 
P V 

"_2__2_ 

m 



= 5.514(1 + .002168X3.06) = 5.55, 



= 5.55 X 2117 = 11749. 



For P = 3347 lbs. per sq. ft., or 23.2 
lbs. per sq. iu., and- T = 494.5, 

~ = 11749 -^ 1.015* = 11575. 
m 

PV 

Introducing the values of B, and 

P V ' 

^ " -, in (90), we obtain two equations 

m ^ 

in which C and n are the unknown 
quantities. Solving these equations, we 
have 

C = 24.54, 
and n = .449. 

Introducing these constants into equa- 
tion (86) we can obtain for Pv values 
which coincide in a satisfactory manner 
with Kegnault^s results. 

* The ratio 1.015 is given by Regnault's table of the 
Talues of PV. 
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These values are slightly less than 
Kegnault's for pressures between 14.7 lbs. 
and 23.25 lbs., and a little larger for 
pressures lying beyond these limits on 
either side. 

For ammonia we unfortunately do not 
know the coefficient of dilatation; it was 
not determined by Eegnault. As this 
gas is near its liquefying point at 32° we 
will assume its coefficient to be about 
the same as that of sulphur dioxide and 
cyanogen, which is 0.002167. In the 
absence of exact values determined by 
experiment it is clear that results ob- 
tained under the above assumption can 
be regarded as approximative only. 

We have v^ = 20.79, and Kegnault^s 
tables give 

PV 

— = 44607 for T = 506.0° and P = 3997 
m 

lbs. per sq. ft., or 27.76 lbs. per sq. in. 
We then deduce 
B = 95.31, C = 157.1,* n = 0.378. 

* This constant has been reduced in the ratio of 43.71 
to 26.28 from the value given by Ledouz, which was in 
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§ 28. It remains now to and the equa- 
tion of the adiabatic curve of a super- 
heated vapor, of which the pressure, the 
specific volume, and the temperature are 
related as follows : 

pv = BT-' Cp~.* (90a) 

Calling Q the quantity of heat fur- 
nished to a body, U its internal work, 
and supposing the external pressure is 
always equal to the expansive force, the 
fundamental equation of the mechanical 
theory of heat is, 

dQ = A{dU + pdv) ; 



error to this extent. For the argument leading to this 
alteration of the value of C, see article by Messrs. 
Jacobus and Reisenberger, Stevens* Indicator, Oct. 
1890. Since this article was written the examination of 
a similar argument, by Zeuner, in his Technische Ther- 
modynamik^ Vol. II., Article 31, shows that he had 
found Ledoux^s value of C in error also, but in the ratio 
of 48.71 to 29.78. 

* Equations in which the volumes are indicated by 
small v's are per unit of weight, < nd those in which 
large V's are used are for any weight m. P andp are 
used to represent the same quantities, the small p 
being employed to save space in making deductions. 
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and as U is a function of p and v, we 
have 

Assuming 

^— = X and —, — \-p = Y, 
dp dv ^ 

and since d\J is an exact differential. 

We also have 

t?Q = A{Xdp + Ydv), (91) 

We know that 7=,- is the factor of integra- 



* AdX^Adnj 
dv dpdv* 

AdY Ad«U 



or 



or 



dp dvdp 

AdK AdY 
dv dp 



fA, 



= -A, 



dX_dY__ 
dv dp 
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bility of the function Xdp + Ydv, and 
hence 

We may now deduce from the general 
equations of thermodynamics 

T = Y?- -xf-.* (92) 

dp dv ^ 



* Since d Q multiplied by =, is a complete differential 

<see general transformation of equations of thermo- 
dynamics, Arts. 62-69 and 118, " McCullough on the 
Mechanical Theory of Heat") we have, from (01), 

^=|(Xdp + Ydt;), 



and we may write 








iik-y- 




or 


Af^X AdT 
Tdv T^dv " 


A dY 
'T dp 


AdT 
T^dp 



xav x.'av i uy x-uf 

whence 

dv dp V dv dp/ 

But by (90&) the second member of this is — T; hence 

since T = * + 461, and dT = dt, 

dt ^dt 
dp dv 
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We have also, by virtue of equation 
(86), 

dp-B+ B ^^^"'^ 

and 

1=1- w 

If we suppose that the pressure remains 
constant, dp = 0, and eq. (91) gives 

^Qp = AYdv. 

But dQp = Cpdt, calling Cp the specific 
heat at constant pressure, which we sup- 
pose constant and which is known. We 
have then 

and from eq. (92) 

■RT r 

which by (90rt) gives 

X = - (v + C?>»-i) + -^{v + »iCi>»-»). 
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Substituting X and Y from (92c) and 
{92d) in (91), we have 

e?Q = A ] K^iP^'f^ + ^^P) "~ ^^P + 

(J|-l)cr-'^;>}.(93) 

For the equation of an adiabatic curve, 
it is necessary to make dQ = 0. We have 
then, 

(94) 
Equation (94)* may be reduced to 

Cp dt __ dp 
ÂB T "" ~p ' 

* Eq. (04) may be written 

%(pdv ■\-vdp + nCp^ - Up) = (iw + Cp»»)— 
Ail p 

or 

Cp ^ pdv + rdp 4- nCp^^dp __ d^ ^ 

AB pv _^ Cp** " P ' 

By BubstitutinK the partial differential coefficients 
l^ven in (92a) and (925), in the expression for the com- 
plete differential 
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and integrating 



^p rv — 



AB 

or finally 



ZT = lp-\- const., 



g.)S=^^. (.5, 



an equation analogous to equation (4), 
which we found for air. 

Replacing T by this value in equation 
{90«) we get finally for the equation of 
the adiabatic curve. 



= BT,(-^-) "^ - (ip\ (96) 



it appears that 



dt = g(pdv+vdp-|-nCp'*~^dp); 



Also by (86), 



4 = B ' 



T pv 4- Cp^ 
Hence (94a) may be written 



Op dt_dp 

AB ^ T - p^- ^'^^ 



Ill 



For superheated steam Zeuner finds 

AB 

— = n, so that (96) is then equivalent 

Cp 

to ^v* = a constant, as for permanent 
gases.* 

From eq. (94) we have the work of 
compression 

P'pdv = f- dVf = 



whence 






* This relation does not hold for sulphur dioxide and 
ammonia, in which we have 

B -r n 

Sulphur Dioxide 25 . SO .212 .449 

Ammonia 95.31 -2^- — '* ;W ft > 



MAR 23 ib.j 
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or by (96), 

W = (^— i)b(T - T.) + 

C(l-^{p--p-), (98) 
and . 

w = (^-i)b(t-t,) 



+ 



^^'i'--Â^f^-'l (^^> 



§ 29. We can now establish the equa- 
tions relating to the compression of a 
liquéfiable gas in a cylinder. A weight 
m of gas occupying the volume V,.at the 
temperature T,, and under the pressure 
P, , is compressed until the pressure is Pj 
of the condenser. The temperature T^ 
at the end of the compression will be 
given by the equation (95). 

AB 

T, = T,(|i) 'p (100) 



r 
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and the work of compression, including^ 
the ejection of the gas, is 



m 



(â-yc(p.»-p,«),(ioi) 



or 



W. = ^^(T, ~ T,) - 



n 



ifff-4- 



(101a) 



♦ Equations (97H99) give the area AoVoV,A, (Fig. 8) 

= / pdv, whereas W^ is the area 
t/V, 

VoV,PiPo = m / pdv+P,Vi-PoVp. 
t/Vi 

Also (97)-(99) are for unit of weight, and Wr is for any 

weight m. Introducing these modifications in (97), we 
obtain (101). 

Also introducing value of PV from (90) in (101) we 
obtain 



^••- A 



<T.-T.,-i2^"[(^a)»_,] 



which by (100) gives (101a). 
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m is given by the equation 

P V V 

the anal volume 

P BT — CP »» 
»"■ T/BT, -CP,^' 

After compression we cool the gas in 
the condenser under constant pressure. 
The volume V^ becomes V/ at the moment 
the temperature becomes T/; since the 
gas is liquefied we have 

P BT ' — CP »* 
V| - ^«p;-BT, -CP,^' 

and the quantity of heat removed from 
the condenser is 

Q. = mc,iT, - T/) + mr/. (103) 

The volume occupied by the liquid is 

m 

â being the density of the liquid sup- 
posed constant. 
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The liquid is then passed into the re- 
frigerant without producing work. 

The quantity mx^ of gas which vapor- 
izes while the pressure passes from P^ to 
P, and the temperature from T/ to T, 
is, by equation (84), 

mx^r^ = m{q,' - ^J. 

The quantity of negative heat obtained 
is 

Q = m(l — x^r^ 

or 

Q = m{\ - q,% (104) 

« 
and we have 

Q. - Q = vicies, - T/) + 

'»('•/ + «',' - »•. - 9t) 
or 

Q. - Q = mCp(T. - T/) + m{X/ - X,). 

We can now verify the equality 
Q. - Q = AW, 



116 



which requires that we establish the re- 
lation 

AC 
X,'- X,= c,(T/- T,) - :^(P •- P.«).* 

Beferring to the fundamental equation 
dQ, = AdV + APdv, 

and making ^Q = 0, it becomes 

mdJJ = - mFdY = - dW, 

and consequently f 

C(l - i](P,» - p.-). (105) 

We have furthermore by definition 

\ = AU + AFv,t (105a> 



* This is the equivalent of the last equation in foot- , 
note, p. 113. 
t This is equivalent of equation (98). 

t In (106a) put v = X.. in (]05) substitute Ti and T» 

tn 

from (00). Combine results and obtain (1056). 
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an equation which signifies that the total 
heat of the vapor at t° is equal to the in- 
ternal heat AU augmented by the ther- 
mal equivalent of the work of vaporiza- 
tion and dilatation. 
We have then 

AH 
K--K = c,(T, - T.) - ^(P,« - P.n). 

(105Ô) 

This equation is applicable to a super- 
heated vapor above its point of satura- 
tion. 

It applies also at the point of satura- 
tion; we have then 

AH 

A/- X,= c,(T/- T,) - -^(P.-- P,»), 

(106) 
which verifies the equation 

Q^-Q = AW^. 

Equation (105) can be written 
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c 1 
If we make -j— = 0, the equation 

becomes 

u = U. + ^^(Pf - P,^). 

Under this form it expresses Him^s 
law of superheated vapors, and may be 
thus expressed: From the point of con. 
densation to the point at which the 
superheated vapor possesses the same 
properties as the permanent gases, the 
product pv remains constant, while the 
internal work remains the same. 

But the equation 

AB n 

is not verified * for the cases of the two 
liquéfiable gases which we have studied, 
and consequently we cannot apply to 
them the law of Him. 

§ 30. We will now take a numerical 
example and suppose, as in the preceding 
case, that a cubic foot of gas is admitted 
to the compressor at the temperature of 

• Bee p. 111. 
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+ 5° under a pressure corresponding to 
this temperature^ and that it is com- 
pressed until its tension is that of the 
condenser, and that the temperature of 
this latter is, in the interior, + 64.4°. 

Sulphur Dioxide. 
Equation (102) gives 

m = J = .1635 lb. 

^•^^ + 62T5ril2 
Equation (100) gives, making 

Cp = 0. 16438 
according to Begnault, and 

AB 



^p 



= 0.212; 



pM = 616.0, or t^ = 166.6. 

Equations (103) and (104) give 

Q, = 26.25 B. T. U.; 

Q = 22.91 " 
whence AW^ = Q, - Q = 3.34 B. T. XT., 
and W^ = 2582 ft.-lbs.. 
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and the useful effect = .00887 or 17,563 
heat units per hour per horse-power. 

In a double-acting engine working at 
high velocity we estimate the resistances 
at about 15 per cent of the power 
expended.* 

1.15W^ = 2969, and the useful effect 
becomes .00772 or 15,286 heat units per 
hour per horse-power, f 

This performance is double that of the 
machine working with dry air between 
the same limits of temperature. This 
difference shows, not that the air is tlieo- 
retically a less efficient agent in the pro- 
duction of cold, but that to produce the 
same useful effect, the air machine liaving 
much larger dimensions J than the liquefi- 

♦ This factor varies from 10 to 26 per cent in machines 
of good construction. 

t The ice-melting capacity in tons per cubic foot of 
piston displacement is .0000806, and the number of gal- 
lons of condensing water per ton, assuming 30** Fahr. 
range of temperature, is 1306. The[ice-melting capacity 
per pound of coal, assuming 3 lbs. of coal per hour per 
horse power, is 41.2 lbs., neglecting friction, and 86.8 
lbs., including friction. 

t Another view of the cause of the theoretical su- 
periority of vapor machines is as follows : 

For equal efficiency the air machine must afford a 
temperature of — 5<* F. as the lowest degree afforded 
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able gas machines will experience propor- 
tionally greater loss through resistances. 

by the expansion. By Table I this temperature will be 

«een to alTord 1.164 thermal units of useful effect, and 

jf this be taken as unity it will be found that the work 

of compression is 1.25 and the work of expansion 1.1 

times as much. Each of these amounts of work wastes 

S per cent of itself in friction. Hence the aggregate 

of this waste is 18.8 per cent of the useful refrigeratiu{( 

effect. .But the work of the steam-engine is only 

1.25 — 1.1 = 0.15 of the useful effect without friction 

being considered. 

Hence the friction of the mechanism increases the 

18 8 
expenditure of motive power — ^ = 1.25 tunes. There- 

15 

fore the refrigeration per unit of motive power is only 

1 4 

, , , — = — as much as for zero friction. Now for 
1 -f- l.«o V 

vapors we have, by 6 24 : — 

Work to compress both SO* and NH» = 0.14 of useful 

effect, and the loss by friction at 15 per cent of these 

amounts is 0.021 of the useful effect. 

Hence the refrigeration j>eT unit of motive power is 

14 
TT ^. , r. /. ITT =■■ 7/8 of its value for zero friction for both 

0.14 -f- O.OSsl 

NH* and SO*. Therefore the air machine has its theo- 
retical effect reduced | = 2^ times by the friction 
of its mechanism, or the loss is ^ of the refrigerating 
effect, whereas the vapor machines lose but 1/8 of their 
effect by friction. 

More generally, the air machine loses more of its 
theoretical effect by friction than vapor machines, be- 
cause the heat represented by the work of compression 
of a given weight of air is about 1.70 times greater in 
proportion to the refrigerative effect than in the 
case of ammonia and sulphur dioxide. In the prac- 
tical use of air machines there is a considerable 
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§ 31. Generally with sulphur dioxide 
we do not get as low a temperature as 5®» 

The opening of the cock which leads 
from the condenser to the refrigerating 
coils is so regulated that the pressure in 
the latter is about 9/10 of an atmos- 
phere, which corresponds to a tempera- 
ture of about 9.66°. 

P, -f- 144 = 13.23 lbs.; t^ = 9.66°. 

For these values Table XVIII gives 

r, = 169.75; 

q^ = - 8.10; 

u^ = 5.85 cu. ft.; 

1* 
m = j = .1706; 

^'^ '^ 62.4 X 1^ 

and by means of equations (100), (102)^ 
(103), and (104) of § 29 it is easy to cal- 
culate Tj, Qj, Q, and W^. 

The results of these calculations are 
recorded in Table VI, which gives the 
refrigerating effect, the work required, 
and the useful effect per cubic foot of 

loss by the wire-drawing or fall of pressure between 
the compression and expansion cylinders. Vide Prac- 
tical Examples of Air Machines, Introduction. 
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sulphur dioxide, supposing the appa- 
ratus regulated so that the temperature 
corresponding to the pressure in the re- 
irigerating coils is 9.66°, and that the 
temperature corresponding to the press- 
ure of -the interior of the condenser 
Taries from 59° to 104°. 

We see that the useful effect dimin- 
ishes more than one-half when the tem- 
perature of the interior of the condenser 
rises from 59° to 104°. 

The figures of the last column do not 
nearly represent the number of heat 
units really produced and utilized. It is 
necessary to take into account the loss 
occasioned by the pipes, the waste spaces 
in the cylinder, loss of time in opening of 
the valves, the leakage around the piston 
And valves, the reheating by the external 
air, and finally, when ice is being made, 
the quantity of the ice melted in remov- 
ing the blocks from their moulds. 

It requires about 180 heat units to 
congeal to 20° a pound of water taken 
at 60° or 65°. Manufacturers estimate 
that practically the sulphur dioxide ap- 
paratus using water at 55° or 60° pro- 



124 



duces 56 lbs. of ice,* or about 10,000 heat 

* In the commercial manufacture of ice about 7 lbs» 
are produced per pound of coal. This includes the fuel 
used for rebelling the water, which, together with that 
wasted by the pumps and lost by radiation, amounts- 
to a considerable portion of that used by the engine. 

The figures given in Table VI are higher than those 
obtained in practice, because the effect of superheat- 
ing of the gas during admission to the cylinder is not 
considered. This superheating may cause an increase 
of work of about 25 per cent. There are other losses 
due to superheating the gas at the brine tank, and in 
the pipe leading from the brine tank to the compressor, 
so that in actual practice a sulphur dioxide machine, 
working under the conditions given in line three of the 
table, will give about 22 lbs. of ice-melting capacity per 
pound of coal, which is about 60 per cent of the theoret- 
ical amount neglecting friction, or 70 per cent include 
ing friction. The following tests, selected from those 
made by Prof. Schroter on a Pictet ice machine having 
a compression cylinder 11.3 inches bore and 24.4 inches, 
stroke, show the relation between the theoretical and 
actual ice-melting capacity. 



No. 
of 
Test. 


Temp, in degrees 
Fahr. correspond- 
ing to pressure of 
vapor. 


Ice-melting capacity per 
pound of coal, assuming three 
pounds per hour per horse- 
power. 


Con- 
denser. 


Suction. 


Theoret- 
ical fric- 
tion^ in- 
cluded. 


1 


Per cent los» 
due to cylin- 
der super- 
heating, or 
difference be- 
tween cols. 4 
and 5. 


11 
12 
13 
14 


77.3 
76.2 
75.2 
80.6 


28.6 

14.4 

-2.5 

-15.9 


41.3 
31.2 
23.0 
16.6 


33.1 
24.1 
17.5 
10.1 


19.9 
22.8 
23.9 
89.2 



1 Friction taken at figure observed in the test, which, 
ranged from 23 to 26 per cent of the work of the steam 
cylinder. 



125 



"units, per hour per horse-power, measured 
on the driving shaft, which is about 55 
per cent of the theoretic useful effect 
indicated in Table VI. 

§ 32. Figs. 4 and 5 represent the Pictet 
naachine from a design furnished by the 
inventor. It has a double-acting com- 
pression cylinder with four valves. The 
cylinder is furnished with a jacket, within 
which a current of cold water is made to 
circulate. 

The gas is compressed to a tension 
corresponding to the temperature of the 
water employed for cooling, generally 
25 to 30 lbs. per sq. in. above the at- 
mosphere; then it is discharged by the 
pipe T into the condenser C, where it is 
liquefied. 

This condenser is like the surface 
condensers of marine engines. It has a 
surface of about 65 sq. ft. for 100,000 
theoretic heat units per hour, or 130 sq. 
ft. for 100,000 effective heat units per 
hour, measured by the ice produced. 

The quantity of water employed de- 
pends upon the difference of temperature 



to be allowed between the inside and 
outside of the condenser. 
If this difFerence is to be 9°, each pound 



of water releases 9 heat units, and the 
weight of water in pounds to be employed 
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will be for 100 theoretic heat units pro- 
duced 

0000 _Q. 

9Q "^^'V' 
which would require for the example of 
§ 31 and for a temperature of 68° in the 
condenser, 12.7 lbs.* 

The liquid dioxide passes into the 
cooler R by the pipe T', the supply 
being regulated by the cock r so that the 
pressure shall be 9/10 of an atmosphere 
in the refrigerating coils and 3 atmos- 
pheres in the condenser. If the outlet 
by the cock be diminished the pressure is 
lowered in the cooler, and the tempera- 
ture is also lowered; but the useful effect 
diminishes, since for the same volume . 
described by the compressor piston less 
weight of gas is used. We have in this 
machine, therefore, the same facilities 
for varying the useful effect as in the air 
machines. 

The refrigerating coils are arranged like 
the condenser. Their su rface is 79 sq. ft. 
for each 100,000 theoretic negative heat 

* In the additions to Ledoux*s tables the range of 
temperature of the condensing water is taken as 80* F. 
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units produced per hour. It is immersed 
iu an incongealable bath formed of a 
solution of calcium chloride. 

The temperature corresponding to 
the pressure of the sulphur dioxide in 
the refrigerating coils of the cooler ia 
10.4°, and that of the bath 19.4°. In 
this bath are immersed the tanks or 
moulds within which the water is frozen. 

Finally, the sulphur dioxide returns to- 
the compressor cylinder by the pipe T", 

The dioxide may be employed continu- 
ously so long as no air is permitted ta 
enter the joints. Any leakage might- 
lead to the production of the trioxide, and 
possibly sulphuric acid, which would lead 
to injury to machine. Exceptional car© 
is required in maintaining tight joints. 

Ammonia. 
§ 33. Some experiments with an am- 
monia machine have not yielded very 
good results; but the want of success 
seems to have resulted rather from an 
imperfect action of the surface of the 
cooler than from any inherent defect 
in the gas itself. Ammonia gas possesses 
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the advantage of affording about three 
times the useful effect of sulphur dioxide 
for the same volume described by the 
piston. But this advantage is balanced 
by the inconvenience of higher pressures, 
and consequently more leakage, etc.* 

The specific heat of ammonia gas at 
constant pressure is 0.50836,f so that 

AB 



<^P 



= .243. 



The results of the calculations for 
ammonia are given in Table VII. J 

* The perfection of ammonia apparatus now renders 
it so convenient and reliable that no practical advan- 
tage results from the lower pressures afforded by sul- 
phur dioxide. 

t This was given by Regnault for atmospheric press> 
ure only. By an experiment on a large scale on a 75- 
ton refrigerating machine, it has been determined that 
the probable specific heat of superheated ammonia gas 
at 162 lbs per square inch absolute pressure is .532. 
Paper 432, Volume XII., Transactions of American 
Society of Mechanical Engineers. 

X *î^^ theoretical results for ammonia are higher than 
the actual, for the same reasons that have been stated 
for sulphur dioxide. See foot-note, page ISI. In the 
case of ammonia the action of the cylinder walls in 
superheating the entering vapor has been determined 
experimentally by Prof. Denton, and the amount found 
to agree with that indicated by theory. In these ex- 
periments the ammonia circulated in a 75-ton refriger- 
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Temperature op Conde 
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(4) 

7.50 

8.27 

15.64 



B. T. U. 



Deg. F. 



(5) 

-21.94 
-26.42 
-51.35 



(6) 

158.9 
170.1 
241.3 



ïDEMSIMO 

Vater. 




* The temperature at the end of compression given ii^m the value 

of B given by Ledoux. The difference between it and terror of the 
quantities involved. 

3 page 130. 
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Carbonic Acid.* 

At atmospheric pressure and 32** Fahr. 
the density of COj is 1.529 and its co- 
ating machioe was measured directly by means of a 
special meter, so that in addition to determining the 
effect of superheating, the latent heats can be calculated 
at the suction and condenser pressure. See Appendix^ 
page 185. The following is a comparison of the theo- 
retical ice-meltiijg capacity with that obtained in 
several of Prof. Schroter's tests on a Linde machine 
having a compression cylinder 9.9 inches bore and 16.fr 
inches stroke, and also in tests by Prof. Denton on an 
ammonia compression machine having two single-act- 
ing compression cylinders 12 inches bore and 90 Inches 
stroke. 





Temp, in degrees 


Ice-melting capacity per 




Fahr. correspond- 


pound of i 


coal, assuming three 




ing to pressure of 


pounds per hour per liorse- 


No. 

of 

Test. 


vapor. 




power. 






Theoret- 


• 

•3 


Per cent of 




Con- 


Suction. 


ical f ric- 




loss due to 




denser. 


tion^ in- 


** 
o 


cylinder su- 








cluded. 


< 


perheating. 


wr 1 


72.8 


26.6 


50.4 


40.6 


19.4 


1 S 


70.5 


14.3 


37.6 


30.0 


20.2 


i 8 


69.2 


0.5 


29.4 


22.0 


25.2 


1^^ 


68.5 


-11.8 


22.8 


16.1 


29.4 


1(24 
B-^26 


84.2 


15.0 


27.4 


24.2 


11.7 


82.7 


-8.2 


21.6 


17.5 


19.0 


1 (25 


84.6 


-10.8 


18.8 


14.5 


22.9 



^ Friction taken at figures observed in the tests which 
range from 14 to 20 per cent of the work of the steam 
cylinder. 

* Added by the revisers. 



132 



efficient of dilatation .002067. Intro- 
duciug these values in equation (89) wo 
liave 

^ __ 21 17 X .0Q2Q67 ._ q_ .. 
^ " ."Ô8073 X 1.529 "" '^^•*^- 

The mean value of Cp given by Reg- 
nault from -22° to 50° Fahr. is .184; 
hence 

^- = .249. 

Cp 

Case 1. Let the temperature of the 
-cooler be 5° and that of the condenser 
€4.4°; then 



"^^ = T,[|-)^ = 578.5° or ^, = 119.1°. 



From Table XX we have for ^, = 5° 

vi = 3.853 lbs. 

Taking Cp as .200, which is the mean 
from 64.4° to 119.1°, in equation (103), 
we have 

Q, = 303.6B. T. U. 



133 

Equation (104) gives 

Q = 249.6 B. T. TJ., 
and 

AW^ = Q^ - Q = 54.0 B. T. XJ., 
and 

W^= 41,740 ft. -lbs. 
Including friction, we have 

1.15W^ = 48,000 ft..lbs. 

The useful effect, neglecting friction, 
is .00598 B. T. XJ. per ft.-lb. of work ex- 
pended, and, including friction, .0052 
B. T. U. 

The ice-melting capacity in tons per 
cubic foot of piston displacement is 
.000878. 

The number of gallons of condensing 
water per ton of ice-melting capacity, 
assuming a range of 30° Fahr. in the 
condensing water, is 1380. The ice 
melting capacity per pound of coal, 
assuming 3 lbs. of coal per hour per 
horse-power, is 27.7 lbs. neglecting fric- 
tion, and 24.1 lbs. including friction. 

Case 2. Let the temperature of the 
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coder be — 22° Fahr. and that of the 
condenser 64.4° Fahr. We then have 

t^ = 155.7°, 
m = 2. 321 lbs., 
Q, = 200.0 B. T. U. 
Q = 145.2 
AW^ = 54.8 
W^ = 42,350 ft.-lbs., 

useful effect, neglecting friction, =.00343, 
" including '' =.00298. 
Ice-melting capacity per cu. ft. piston 
displacement = .00051 tons. Condens- 
ing water per ton of ice-melting capacity 
= 1570 gallons. Ice-melting capacity 
per pound of coal, neglecting friction, = 
15.9 lbs.; including friction, = 13.8 lbs. 

Vapor of Water. 

For a numerical example of this gas 
in "Vacuum Machines,^' see Addendum, 
page 186. 
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Chapter IV. 
machines employiis^g chemical action. 

§ 34. It remains to discuss the ice- 
making machines which employ chemical 
affinity in their mode of action, and of 
which the ammonia machine of M. Carré 
is the type. 

Fig. 6 exhibits the disposition of the 
parts of this apparatus. It consists of a 
generator A which contains a concen- 
trated solution of ammonia in watery this 
generator is heated either directly by a 
fire, as shown in the figure, or indirectly 
by pipes leading from a steam boiler. 
The condenser B communicates with the 
upper part of the generator by the tube 
aa; it is cooled externally by a current of 
cold water. The cooler or brine tank C 
is so constructed as to utilize the cold 
produced; the upper part of it is in com- 
munication with the lower part of the con- 



136 




137 



denser by means of tke tube hb. The de- 
tails of the construction are not shown in 
the figure. An absorption chamber D is 
filled with a weak solution of ammonia; 
the tube cc puts this chamber in com- 
munication with the cooling tank C. 

The absorption chamber communicates 
with the boiler by two tubes. One, dd^ 
leads from the bottom of the generator to 
the top of the chamber D; the other, ff, 
leads from the bottom of B to the top 
of the generator. Upon the pipe ff is 
mounted a little pump, whoso use is to 
force the liquid from the absorption 
chamber, where the pressure is main- 
tained at about one atmosphere, into the 
generator, where the pressure is from 8 
to 12 atmospheres. 

An interchange of heat is accomplished 
by means of E which is attached to the 
pipes.jÇf and dd in a manner that will be 
easily comprehended by an inspection of 
the figure. 

To work the apparatus the ammonia 
solution in the generator is first heated. 
This releases the gas from the solution. 
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and the pressuré rises. When it reaches 
the tension of the saturated gas at the 
temperature of the condenser there is a 
liquefaction of the gas, and also of a 
small amount of steam. By means of the 
cock A the flow of the liquefied gas into 
the refrigerating coils contained in the 
cooler C is regulated. It is here vaporized 
by absorbing the heat from the substance 
placed there to be cooled. As fast as it is 
vaporized ifc is absorbed by the weak solu- 
tion in-D. The small quantity of watery 
vapor is carried along mechanically. 

Under the influence of the heat in the 
boiler A, the solution is unequally satu- 
rated, the stronger solution being upper- 
most. 

The weaker portion is conveyed by 
the pipe dd into the chamber D, the flow 
being regulated by the cock g, while the 
pump sends an equal quantity of strong 
solution from D back to the boiler." 
While these exchanges are brought about 
in the solutions, there is also an exchange >* 

of temperatures at E whereby the weak 
liquid arrives cold in the absorption 
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chamber, and the strong solution is 
heated before its delivery to the generator. 

The working of the apparatus depends 
upon the adjustment and regulation of 
the cocks g and h, and of the pump ; by 
means of these the pressure is varied, 
and consequently the temperature in the 
cooler C may be controlled. 

It is seen that the working is similar 
to that of the machines described in the 
preceding chapters. The chamber Ç fills 
the office of aspirator, and the generator 
A plays the part of compressor. 

The mechanical force producing ex- 
haustion is-4iere replaced by the affinity 
of water for ammonia gas; and the me- 
chanical force required for compression 
is replaced by the heat which severs this 
affinity and sets the gas at liberty. We 
see then in advance that a greater part 
of the equations already established for 
liquéfiable gas machines will apply to 
those employing chemical action. 

§ 35. We will assume at first that, 
under the influence of the heat applied to 
the generator, ammonia gas only is driven 
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off, and no steam. We will assume a cer- 
tain weight of the gas to enter the gener- 
ator in a state of solution; being heated, 
it will be separated from the water, re- 
quiring a certain quantity of heat, which 
we will call Q'. Then, being conducted 
to the condenser, it will be cooled and 
then liquefied, and will impart to the 
water surrounding the coils a quantity of 
heat Qj . In the refrigerating coils it is 
evaporated, borrowing from the exterior 
a quantity of heat Q; it is next absorbed 
by the liquid in the chamber D, disen- 
gaging a certain amount of heat to the 
liquid (which may be deducted from the 
total amount required in the generator);* 
and, finally, it is reconveyed to the gener- 
ator, where it arrives in its original con- 
dition. By reason of the exchange of tem- 
perature effected at E all the heat of the 
weak solution going out of the generator 
is restored to the strong solution entering 
it, so that the changes of temperature in 
the water are effected without expendi- 
ture of heat. 

♦ See next foot-note, p. 141. 
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In the complete cycle, if we neglect the 
small amount of work performed by the 
pump, and the heating and cooling due 
to contact with the air, it is clear that all 
the heat from external sources, being Q' 
from the generator and Q from the cooler, 
will be equal to the amount Q^ carried 
away by the water of the condenser. 

We have then 

Q' = Q. - Q, 

and the useful effect will be expressed by 

Q.-Q' 

which is identical with that found for 
the machines depending on mechanical 
action. 

* This expression applies only when it is assumed, as 
is here the case, that the heat disengaged by the solu- 
tion of the gas in the absorber may all be utilized to 
heat the mixture delivered to the generator. Thus far 
practice has only succeeded in using a temperature in 
the absorber about 70^ greater than that in the con- 
denser. Consequently the greater proportion of the 
chemically disengaged heat in the absorber must be 
abstracted by cold water and wasted; so that practically 
the above expression does not apply, but it is a gen- 
eralization useful in apprehending the general prin- 
ciples of the subject. 
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Q' being equal to the quantity of heac 
which it is necesKiry to expend in order 
to produce the quantity Q of refrigerat- 
ing effect, then Q^— Q has the same value 
as the quantity AW^, the thermal equiva- 
lent of the mechanical work expended in 
the machines previously discussed, ta 
produce this same quantity Q of negative 
heat units. We proceed to show that be- 
tween the same limits of temperature in 
the condenser and refrigerating coils, and 
for the same value of Q, the quantity Q'' 
in this class of machines is nearly equal 
to the quantity A W^ . 

We arrive then at this remarkable 
result : that in all the ice machines, when 
they work between the same limitas of 
temperature, the theoretic quantity of 
refrigerating effect produced is exactly 
the saipe for each heat unit expended, 
whether î^s directly produced by chem- 
ical action, or indirectly tinder the form 
of mechanical work. 

But as a heat unit represented by 772.9* 

* This is deduced from the French equivalent 424, and 
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îoot-pounds rqquires^ in the best heat 
motors^ an expenditure of at least 10 heat 
nnits in the fire, it woald seem that the 
chemical machines possess a considerable 
Advantage over all the others, since in 
these latter the heat is employed directly, 
and not under the expensive form of me- 
chanical work. Practically,* however, 
ihis advantage is much less than seems to 
result from the above calculations, as we 
will proceed to show. 

§ 36. We will assume the hypothesis 
mentioned in the beginning of the pre- 
ceding section, and determine the quan- 
tities Q', Qj , and Q in terms of the tem- 
peratures, the pressures, and weights of 
the gas employed. 

We will preserve the notations of the 
previous chapter; T^ being tlie absolute 

is employed throughout the work in order to make the 
figures correspond to those given by Ledoux. 

* The heat wasted in maintaining the absorber at 
180<*, the highest temperature yet attained, causes a 
loss roughly equivalent to the heat wasted in the ex- 
haust of a steam-engine using 8 lbs. of coal per hour 
per horse-power. The efficiency of the compression 
and absorption machines is therefore nearly equal in 
practice. For practical results, see Introduction. 
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temperature of the gas as it enters the 
condenser, T/ its absolute temperature 
in the condenser, and T, the absolute 
temperature in the refrigerating coils. 

Let m be the weight of the gas con- 
sidered, occupying the volume V, at the 
temperature T, , and under the pressure 
P, at its entrance into the absorption 
chamber. 

Let AIT be the internal heat at the 
temperature T; 5^^ the heat necessary to 
raise a pound of water from 32° to ^°. 

After the gas has been absorbed by the 
water the absolute temperature of the 
mixture will be T/. 

During the process of absorption of 
the gas there is an amount of external 
work accomplished equal to Pa(V, — w), 
w being the volume of water. 

The difference in internal heat before 
and after this operation is equal to this 
external work. We have then 

g,/+mAU/~(/e.-wiAU,=AP,(V,-f(;). 

The solution is conveyed to the gener- 
ator, and there heated until all the gas is 



145 



driven off. It then occupies the volume 
Vj under the pressure P^ and at the tern- 
perature T^ . 

The necessary quantity of heat Q" 19 
equal to the difference in quantities of 
internal heat, augmented hy the exterior 
work accomplished. This work is equal 
to Pi(^^i ~ ^^) l^ss the work of the pump, 
(P, - P,)w. 

We have then 

Q" = Çe^ - qe/ + ^ AIT, - mAU/ + 

AP,(V, - w) - A(P, - F,)w. 

Adding this equation to the preceding, 
member to member, we find 

AP;v, ~ AP,V.. 

This equation is established without 
taking account of the effect of exchange 
of temperature. There is furnished to 
the solution which enters the generator 
a quantity of heat precisely equal to 
Qei — Çci' The quantity of heat Q' to 
be supplied by the generator in order to 
bring the pressure of the gas from P,, to 
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P, and from the temperature T, to Tj is 
then 

Q' = mA(U, - IT,) + 

AP,V, -AP,V,. (107) 

Equations (101) and (105), which have 
been deduced for the case of compression 
by a mechanical force, give 

AW,= mA(U,- UJ + AP,V,- AP,V„ 

which is identical with the preceding.* 

We have then Q'=AWy, provided that 
the temperature Tj , in the case where the 
change of pressure of the gas is obtained 
by the heat combined with the chemical 
action, is the sa,me as in the case where 
tlie change is due to a mechanical force. 
Experiment proves that it is nearly so. 

It appears that the temperature to 
which it is necessary to heat the am- 
monia solution to obtain a given press- 
ure is higher as the solution becomes 

* It should be noted that this geueralization enables 
the elevation of pressure underg^one by the ammonia 
gas in the generator to be regarded as identical with 
the compression of the gas by a piston in a corapres- 
«ion machine in which the gas is superheated by com- 
pression. 
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weak. In ice machines the solution con- 
veyed to the generator contains rather less 
of the gas as the pressure in the refrig- 
erating coils becomes more feeble. We 
understand therefore how the tempera- 
ture Tj ought to increase as the temper- 
ature T,, corresponding to the pressure in 
the refrigerating coils, diminishes. Un- 
fortunately, precise experiments upon 
this point are wanting. 

A series of observations made by M» 
Eouart upon a Carré machine is herewith 
given. 

The first and second columns of each 
table give the absolute pressures in at- 
mospheres and pounds per square inch; 
the third, the temperatures observed in 
the boiler; the fifth, the temperatures of 
water in the condenser; the sixth column 
gives the temperatures of the liquefied 
gas corresponding to the pressures in the 
first column (see Table V); the tempera- 
tures are those of the interior of the 
condenser, and are naturally more ele- 
vated than the exterior. 

In the case of mechanical compression 
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Table IX.— Comparison op Calculated and 

Observed Temperatures op Ammonia in 

Generator op Absorption Machine. 
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the final temperature T, is related to 
the initial temperature and to the initial 
and final pressures as expressed by the 
equation (100), viz.: 

AB 

rn m /_i\ ^P 

The fourth column of the table gives 
the temperatures calculated by this for- 
mula, supposing Tj = 437.4 and P^ = 
*2441 lbs. per sq. ft. or 16.95 lbs. per sq. 
in. 

For the mean pressures the calculated 
temperatures coincide nearly with the 
observations. For the higher pressures 
the calculated pressures are higher than 
the observed. But it is necessary to 
remark that in this case the watery vapor 
mixed with the gas exerts a greater in- 
fluence, and that the true gas pressures 
ought to be sensibly less than the press- 
ures which have served as a basis for 
calculation. 

The condensation in the condenser 
and the evaporation in the cooler are 
brought about exactly as in the case 
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of the machines acting by mechanical 
force. We shall have then, as in § 29, 

Q, = mc^{T, ^ T/) + mr/, 

Q = m(l - x^)r^ = mr^ - m{q/ - q^), 

V V 

9 9 



«^ + 



l" v' 



3 



» ■ s 

Q' = Q. - Q. 

The two following tables give the 
results of calculations for one cubic 
foot of ammonia gas, for temperatures 
in the condenser ranging from + 59° to 
+ 104°. In the first the temperature of 
the interior of the cooler is taken at 
+ 5°. In the second table it is — 23°. 

The results indicated in Tables X and 
XI are high; they vary from 25,900 to 
76,100 negative heat units for each 
pound of coal burned. We are far from 
attaining such results in practice. 

We have omitted in our calculations to 
take into account two conditions which 
modify largely the theoretical results : 
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sorption Machine Nbolbctihg* thb con- 
sidération OF THE Heat Wasted in 
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• The llKui-es for the tatio of the refrigerating effect 
to the heat eipended are the same bb lor the con- 
ditions of the examples of a compieasioa machine, 
ArU. 30 and SI, the object of tlia tables being ap- 
parently to illustrate the similarity between the two 
■ysiems when the heat abstracted by the absorber Is 
neglected (see foot-note. p. 119), Columns 1 S are then 
identical for the two systems. The complete perform- 
ance of the absorption type is shown hi Tables 2I1-Z7. 
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Table XI.—PBRroBUANCB op Ammonia Ab- 
N Machine Nbolectimo the con- 
F THE Heat Wasted in 
Maintainino a Cosstast Tem- 
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iBt. The necessity of cooling the ab- 
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2d. The influence of the water carried 
along with the gas. 

We will now examine the influence of 
these two causes of loss. 

§ 37. When ammonia gas dissolves in 
water considerable heat is disengaged. 

MM. Fabre and Silbermann have 
measured this heat of solution and found 
it equal to 925.7 heat units for each 
pound of gas dissolved. 

The liquid of the absorption chamber 
being employed continually in dissolving 
the gas from the refrigerating coils, rises 
rapidly in temperature, and as the solu- 
bility diminishes with the increased tem- 
perature, it soon reaches a condition at 
which it ceases to work. To insure suc- 
cessful working it is necessary, therefore, 
to cool the absorption chamber by means of 
a current of cold water, in such a manner 
as to maintain a constant temperature. We 
will suppose this temperature to be //'. 

If we denote by Q/ the quantity of 
heat of which the absorption chamber is 
relieved, we shall evidently have 
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Q' = Q. + Q.'-Q. 

On the other hand, the gas arriving at 
the condenser is always mixed with a 
certain quantity of steam, usually about 
6 or 8 per cent. By employing a solu- 
tion of calcium chloride instead of pure 
water for a solvent, the amount of watery 
vapor is reduced to about 3 per cent. 

The presence of the steam reduces the 
efficiency to a notable extent. It carries 
off a portion of the heat of the gener- 
ator, and, having arrived in the cooler, it 
does not evaporate, but, by holding a 
portion of the ammonia, prevents it from 
volatilizing. It impedes the action, then, 
nearly in the same way as the waste 
spaces in the mechanical action ma- 
chines, but to a greater extent. 

We will proceed to determine the in- 
fluence of this introduction of water. 

Let m, as before, be the weight of gas 
sent out from the generator; /i the weight 
of water accompanying it, and the quanti- 
ties r and q affected by the index e shall 
relate to the water. 
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When the mixture passes into the eon- 
denser the steam becomes liquid and 
absorbs a certain weight m' * of gas, and 
we have 

/?/ being the number of cubic feet of 
gas soluble in one cubic foot of water 

whose temperature is t'\ —, being the 

weight of a cubic foot of gas at this tem- 
perature, and à being the weight of a 
cubic foot of water. 

According to Carius, the coefficient of 
solubility of ammonia, a gas in water, is 
represented by the empirical formula 

f /Î = 1841.65 - 34.7942? + 

.36632f''-.0016396^\ 



* The gas ta' absorbed by the water is regarded as 
subject to the same laws of temperature as though it 
were free. See (107), § 36. 

t This formula makes the solubility for about 130* 
Fahr., but the Pontifex absorption machine is operated 
successfully with a temperature of 131° Fahr. in the ab- 
sorber. 
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The quantity of heat Q, which will be 
absorbed by the condenser is equal to 
the quantity of heat necessary to lower 
the temperature of the weight m of gas 
from t^ to t/, plus the quantity of heat 
necessary to liquefy the weight in — m' 
of gas, plus the quantity of heat neces- 
sary to liquefy and lower to the tempera- 
ture ^/ the weight ^i of steam, plus the 
heat disengaged by the solution of the 
weight m' of gas. 

We shall have then 

/^(^*i - ^'*i + O + ^ V. (109) 

calling 5/ the heat disengaged by the 
solution of one pound of ammonia gas 
in water having the temperature //. 

On passing the mixture into the refriger- 
ating coils, a certain quantity of the lique- 
fied gas is volatilized until the pressure and 
temperature become equal, respectively, 
to P, and T,, the pressure and tempera- 
ture of the refrigerant. The water will 
retain in solution a weight m" of gas. 
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m" = ^. (110) 

The quantity of gas volatilized (m •— 
m')x^ is found by the equation \ 

{m — m')x^r^ + (m' — m")5, \ 

= (^i-^^')(^x'-^.)+^ (111) 

The quantity of refrigerating effect 
realized is 

Q = 0» - ot')(1 - a;,)r„ (112) 
or 

Q = (w - m')(r, - y/ + ?,)+) 

(m'-m"K-/i(?'.,-?J- ^. (113) 
«t^c^(^^ - Q ) 

* Although the lower temperature would tend to 
absorb more gas in the water, the effect of the lower 
pressure preponderates to cause a disengagement, 
which makes m" less than m'. The solubility is ap- 
proximately directly as the pressure, according to the 
experiments of Roscoe, Annales de Chimie, 1859. 

t This is the quantity volatilized by passing through 
a throttling cock, no external heat being applied. x% 
is the proportion that the weight of gas vaporized bears 
to the initial weight of anhydrous gas. 
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The quantity of heat Q/ which it is 
necessary to abstract from the absorption 
chamber in order to maintain a constant 
temperature, is equal to the heat arising 
from the solution of m — m" weight of 
gas, minus the heat necessary to raise 
the weight m of gas and the weight jâ of 
water from t^ to t/\* 

M(Ze/'-^J. (114) 

The quantity of heat Q' which it is 
necessary to employ at the boiler is equal 
to Qj + Q/ — Q. We have then, apply- 
ing the above values. 

The heat of solution s varies probably 
with the temperature and the pressure of 
the gas; but we do not know the law of 
this variation, and we therefore assume 

* The weight of water ii was considered hy Ledoux 
to be cooled to the temperature of the condenser ii'. 
As in modem practice the temperature of the absorber 
is higher than that of the condenser, the symbol U" 
has been introduced by the revisers. 
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this quantity to be constant* and equal 
to 925.7 heat units per pound, as found by 
Favre and Silbermann, for ordinary tem- 
peratures and pressures. 

Making 5/=5,=5, ^/' = ^/,and $'«/'= 
^e/ in the above equation, it becomes 

Q'=m[c^(/,-i?/)+5]+(m-m') 
we have further 

m = ^r = — ^ . 

§ 38. Tables XVI and XVII exhibit 
numerical results. The two cases of § 36 
are taken, supposing that the weight of 
watery vapor carried over is 5 per cent 
of the weight of the gas circulating. 
[Tables XII and XIII have been added 
by the revisers to show the useful effect 

* AXL experiments on the heat of solution have thus 
far been made at atmospheric pressure and with nearly 
pure water. Experiments made on a 35-ton Pontifez 
absorption machine, in which the weak liquor contained 
12^ per cent by weight of ammonia and the strong liquor 
25 per cent, confirm the probability of the hypothesis 
regarding the equality of Si' = S^ . (See vol. x. Trans. 
Amer. Soc. Mech. Engrs., and Stevens Indicator, Jaa 
1892.) 
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when no water is carried over, and Tables 
XIV and XV give comparative figures 
for compression machines.] 

SI we compare the figures of these 
es with those of § 36, we find that 
the cooling of the absorption chamber 
and the presence of watery vapor reduce 
the useful effect to a considerable extent. 

We see, further, that the useful effect 
diminishes if the temperature is lowered 
in the refrigerating coils, but that the 
results remain the same for the same 
temperature of the condenser. 

In the machines employing mechanical 
power, the useful effect also diminishes if 
the temperature of the refrigerating 
coils is lowered. 

§ 39. In the practical manufacture of 
artificial ice we estimate the performance 
at from 2160 to 2700 negative heat units 
for each pound of coal burned^ which is 
about 65 per cent of the figures given in 
Tables XVI and XVII. The difference* 

* Experiments made in 1800, vide Trans. Am. Soc. 
Mech. Engrs., vol. xii, page 326, in which the quan- 
tity of ammonia circulated was measured, show that a 
loss of upwards of 20 per cent is due to rarefying the' 
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tained without loss of useful effect^ while 
in the ammonia machine —13° and —22° 
are readily and economically obtained. 

We will not enter here upon questions 
of a purely pi^tical character which 
affect the comparative values of the 
several ice machines, as our object has 
been simply to establish the theoretic 
conditions under which they work.* 

* For a comparison of the difference between theory 
and practice In the Tarious classes of machines, see 
foot-notes, pagres 124 and 131, and the Introduction. 



APPENDIX. 

Note upon the determination op the 
latent heat of vaporization, also 
of the specific heat of sulphur 
dioxide and ammonia in the form 
of liquid. all values in british 

UNITS. 

It was shown in § 27 that the relation 
between the pressure, specific volume, 
and temperature of a liquéfiable gas, 
being represented by the equation 

Pv = BT - CP», (116) 

the constants B, C, and n can be deter- 
mined by means of the coefficient of 
dilatation and the experiments of Eeg- 
nault upon the compressibility of gases. 
These constants are : 

For Sulphur Dioxide. For Ammonia. 

B 25.305, 95.31, 

24.34, 157.11,* 

n .449, .3783. 

* See foot-DOte, p. 104. 
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Eegnault determined also the elastic 
forces of these substances at different 
temperatures, and established the em- 
pirical formula 

log F = « + ha* + c/î*. 

This form not being convenient for 
calculation, we have preferred to take 
the formula called Roche's, 

P <-82 

and we have calculated the three con- 
stants a, a, and m for both sulphur di- 
oxide and ammonia. 
These constants are* 



For Sulphur Dioxide. 


For Ammonia. 


a = 22.535, 


61.847, 


loga= 1.3528576, 


1.7913193, 


a- 1.0415, 


1.03852, 


log a - .017657, 


.0164175, 


la = .040657, 


.037803, 


m — .004282, 


.003998. 



* These constants have been slightly altered by the 
revisers. See article in Stevens Indicator, Oct. 1890, 
in which the pressures for ammonia are made to cor- 
respond to Regnault's second table of pressures and 
temperatures. In the present case Regnault*8 first 
table of pressures and temperatures of ammonia is 
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Finally M. Eegnault found for the 
specific heat of sulphur dioxide .15438, 
and of ammonia gas .50836. 

On the other hand, Clausius estab- 
lished between the latent heat r, the 
absolute temperature T, the pressure P, 
and the quantity u, the relation 

- = ^Tf , 

u at 

or 



dt 



A'Pu 



(118) 



u is the increase of volume of a unit of 
weight of a volatile liquid when trans- 
formed into vapor. 

If V is the specific volume of the 
vapor, we have 



u^v — -^, 



employed, which gives more exact values than the 
second table for the range of temperature considered 
in the numerical examples. 
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â being the density of the liquid in lbs, 
per eu. ft., and consequently 

AP 
AFu = ABT - ACP* - ~. (119) 

The constants B, C, and n being: 
known, the equation will give APw. 
Knowing APw, we find r by eq. (118)^ 

r = APMp^, (119a> 

or, in consequence of eq. (117),* 

The equation (120) will give r in terms 
of T and APw. 

Finally it was shown in § 27 that the 
quantity A, that is, the total heat of 
vaporization, satisfies the equation 

AH 
X = \, + cJ- ^(P--P.-). 

* From (117) 

t-92 



^ = 144 X 1.8 X aa^-8 + ^^ - ^2^Za-«- L1-8 + m(<-S2)]« 
dt 

l.SPla 



" [1.8 + m(«-82)]»* 
Substituting this relation in (119a) we obtain (180X 
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At the temperature of 32® we have 

^0 = r„ 
then it becomes 

An 

\ = r,+cj- ^(P- = P."), (121) 

an equation in which P^ represents the 
pressure of the vapor at 32°, Cp the 
specific heat of the vapor at constant 
pressure, and r^ the latent heat at 32°. 
The heat of the liquid 

We shall have then 

^^'' [1.8 + m(^-32)r ^^^^^ 
and the specific heat of the liquid 

The equations (119), (120), (121), and 
(122), involving laborious calculations, 
we can replace the second member by 
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empirical expressione of the form A' + 
B7 + 0'^% and then calculate the con- 
stants by means of three values taken at 
the two extremities and middle of the 
thermometric scale, and previously de- 
termined by aid of these equations. 
We thus find for 

SULPHUR DIOXIDE. 

APu = 14.144 + .02372^ - .000064?, 
r = 171.971 - 0.2300^ - .000095?, 
A. = 160.367 + .13188^ - .000073?, 
g =- 11.604 + .3619^ + .000022?, 
c = .3619 + .0000444^. 

AMMONIA.* 

APu = 51.408 + .09071^ - .000033?, 
r = 583.333 - .5499^ - .001173?, 
A. = 552.188 + .3908^ - .000157?, 
q = - 31.145 + .9408/ + .001016?, 
c = .9409 + .002032/. 

The specific heat of liquid ammonia is 
nearly equal to that of water. This re- 

* These equations do not contain the correction for 
constant C explained in foot-note, p. 104, for the reasons 
given in the Preface. 
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sult^ though astonishing at firsts is com- 
prehended when we reflect that the 
specific heat of the gas at constant 
pressure (.50836) is higher than that of 
steam (.4805). It would be interesting 
to verify by experiment the theoretical 
conclusion.* 

The results obtained here for ammonia 
are, however, only approximate, for we 
need, in order to determine the con- 
stants of eq. (116), the coeflBcient of 
dilatation of this gas, and at present it is 
not known. 

To facilitate calculations upon ice 
machines, we have prepared Tables 
XVIII and XIX for sulphur dioxide and 
ammonia. They give for each 9° the heat 
of the liquid y, the total heat of vapori- 
zation A,, the latent heat of vaporization 
r, the internal latent heat /), the external 
latent heat APuy and the weight of a 

* This has been determined by Dr. Hans von Strom- 
beck. See Journal of Franklin Institute, 1890, voL iL 
p. 471. The value found was 1.28 for the average spe- 
cific heat between 85« and 140^ Fahr. This is within 15 
per cent of the figure given by Ledouz*s table, and 
about the same as that given by Zeuner's table. 
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cubic foot of vapor —, for the tempera- 
tures between — 40° and -j- 104°. 

Zeuner* has recalculated Ledoux's table 
for ammonia, employing the corrected 
value of C. The results of his calcula- 
tions are given in Table XXII. f Zeuner 
has also calculated a table for sulphur 
dioxide, basing the equations on the 
values determined by Cailletet and Ma- 
thias for the latent heat. (See Table 
XXI and the foot-note appended to the 
fiame.) 

Table XX, of the properties of car- 
bonic acid, is calculated by Prof. Schroter 
of Munich, and has been used in solving 
the numerical examples given in the text. 

It will be observed that all of the gen- 
eral formulae for equations (87) to(102) are 
based upon equation (86), which is known 
as Zeuner's formula for superheated 
gases. It was deduced by Zeuner many 
years ago, from the general equations of 
thermodynamics, by the aid of certain 

* Added by the revisers. 

t See foot-notes, p. 104 and at Table XXTT. 
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approximate assumptions, and constants 
were determined from Hirn^s experi- 
ments on superheated steam, which made 
the equation capable of representing the 
relation between pressure, volume and 
temperature of steam, either in the satu- 
rated or superheated condition. 

The argument by which Zeuner estab- 
lished the formula, is given in full in 
the appendix to Eontgen's Thermodyna- 
mics, Du Boisas translation. 

All attempts to deduce working for- 
mulae for the properties of volatile vapors^ 
such as formulae 119 to 122 in the Ap- 
pendix, are based upon Zeuner^s equation,, 
with the exception of those in Wood^s 
Thermodynamics, which have been very 
ingeniously founded upon Rankine^s gen- 
eral expression 

pv z= RT — «0 — pj-J — etc., 

for relation between pressure and tem- 
perature, in which a^ and a. are constants 
and the remainder of the notation is the 
same as that previously employed. See 
Wood's Thermodynamics, Art. 163. 
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DISCUSSION?' OF THE EXPERIMENTAL DE- 
TERMINATIONS OF THE LATENT HEAT 
OF AMMONIA AND SULPHUR DIOXIDE.* 

Experiments made by Eegnault show 
that the heat required to evaporate am- 
monia at the temperature of 11.67° C, 
or 53.01° Fahr., and the corresponding 
pressure, and to reheat the gas to this 
temperature after it has been cooled by 
passing it through an orifice which re- 
duces its pressure to that of the atmos- 
phere, is 529.6 heat units per pound. 
This figure is greater than the latent 
heat of evaporation by the amount of 
heat required to reheat the gas. It is 
not possible to deduce the latent heat 
from the figure just given without em- 
ploying theoretical values for some of 
the quantities involved. The probable 
latent heat deduced from Eegnault's ex- 
periments at the above temperature and 
the corresponding absolute pressure of 

* Abstracted mainly- from matter presented at the 
Richmond meeting of the American Society of Me- 
chanical Engineers (1890), and forming part of Volume 
Xn. of the TranaactioTu. 



178 



94.8 lbs. per sq. in.^ is 521.6 British 
thermal units per pound. 

The only other laboratory experiments 
on the latent heat of ammonia that have 
been published are by Dr. Hans von Strom- 
beck, chemist of the De La Vergne Ee- 
frigerating Machine Co.* The results 
in which he has the most confidence 
give 533.7 B. T. IT. for the latent heat 
at the temperature of 63.84° Fahr. This 
figure falls between the value deduced 
from Eegnault's experiments and that 
developed by Ledoux's theory. 

The first experiment on the latent 
heat of sulphur dioxide, the results of 
which have been already given, were 
made by Favre and Silbermann in 1853. 

The result obtained was 170.21 British 
heat units per pound, which agi'ees with 
the results obtained later by Chappuis 
and Mathias ; the corresponding figure, 
calculated by means of an equation, 
found to agree with these experiments, 
being 172. 28. The value found by Favre 

* Journal of the Franklin Institute, Dec. 1890 and 
June 1891. 
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in 1874 is lower than it should be ac- 
cording to the experiments of Chap- 
puis^ and those made later by Mathias. 
Only two experiments were made in ob- 
taining this result. As the accuracy of 
the experiments depended on a constant 
rate of ebullition, it may be slightly in 
error on account of some variation of 
this rate, which, as is often remarked by 
Regnault, is extremely variable for fluids 
of high volatility. The result found by 
Ohappuis, by means of an ice calorimeter, 
agrees with the results of the later ex- 
periments made by Mathias. 

A comparison of the experimental with 
the calculated values of the latent heats 
is made in Tables XXIII to XXV. Fig. 
7 represents graphically the experimental 
values of the latent heat of carbonic acid, 
and shows how closely the calculated 
values by Schroter are in agreement. 
The curve of experimental values in 
Fig. 7 is taken from Mathias's work on 
the latent heat of carbonic acid. Annales 
de Chemie et de Physique, 6th Series, 
vol. xxi. p. 128, 
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Experiments made by Prof. Denton 
by metering the ammonia circulated in 

Fig. 7. 

LATENT XBAT OF OVRBOMIO AGfiP. 




H tm $9 (» 77 

TEMPERATURE IN DEGREES FAHR. 

• ïlxperimental valueiB by WâtMaâ. 
-f- " ■•• «• RegnauHk 

-*- "" i* *« Ghapputt. 

4t Theoretical •• •< Sclucotc»^ 



a compression machine of 75 tons capac- 
ity, gave the following results for the 
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latent heat at the snction and condenser 



pressures 



.* 



Temperature corresi>ondiDg to suc- 
tion pressure, dee. Fahr 

Latent heat in j By Experiment.. . . 
B. T» U. per lb. } By Ledoux's table 

Temperature corresponding to con- 
denser pressure 

Latent heat in j By Experiment.. . . 
B. T. U. per lb. 1 By Ledouz*s table 




+14.5 
570.4 
575.1 



87.7 
512.4 
536.1 



These figures indicate that Ledoux^s 
table is correct within the error of the 
experiments, which are trustworthy to 
within about 5 per cent. 



* See paper presented at San Francisco maetiDg of 
Âm. Soc. of Mechanical Engineers, May 1892. 



ADDENDUM. 

KEFRIGBRATIKG MACHINES USIKG VAPOR 

OF WATER. 

In" these machines, sometimes called 
vacuum machines, water, at ordinary 
temperatures, is injected into, or placed 
in connection with, a chamber in which 
a strong vacuum is maintained. A por- 
tion of the water vaporizes, the heat to 
cause tho vaporization being supplied 
from the water not vaporized, so that the 
latter is chilled or frozen to ice. If 
brine is used instead of pure water, its 
temperature may be reduced below the 
freezing-point of water. The water va- 
por is compressed from, say, a pressure of 
one-tenth of a lb. per square inch to one 
and one-half lbs., and discharged into a 
condenser. It is then condensed and 
removed by means of an ordinary air- 
pump. The principle of action of such 
a machine is the same as that given for 

186 
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Tolatile vapor machines (section 29). The 
following is a numerical example: 

For steam, the constants in Zeuner^s 
equation are : 

B = 92.84, = 938.9, n = 0.25. 

The specific heat at constant pressure, 
as determined by Eegnault, is: 

Cp = 0.475, 

Hence 7^ = 0.253. 

Assume that ice is made, and that the 
lower temperature is 32 degrees Fahr. 
Let the pressure in the condenser be IJ 
lbs. per square inch, then we have 

-^ = 0.089 lb. per sq. in.; t/ - 116° F., 
144 

and 

/p \ 0.263 

T, = Tj^M = 1003.9 or t, = 544.5°F. 

The weight of one cubic foot of steam 
at 32 degrees is .000310 lbs.; hence 

m = 0.00031. 
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By equation 103 we have 

Q, = 0.3833 B. T. U. 
Equation 104 gives 

Q = 0.3265 B. T. U. 

AW^ = Q, - Q = 0.0568 B. T. IT. 
and 

W^ = 43.85 ft. lbs. 

The useful effect, neglecting friction, is 
.00745 B. T. IT. per foot-pound of work 
expended, not including friction. The 
ice-melting capacity in tons per cubic 
foot of piston displacement is .00000115, 
or the volume of the compressing cylin- 
der is about 150 times the theoretical 
volume for an ammonia machine work- 
ing under ice-making conditions, as per 
line 2, col. 16, Table VII. 

The number of gallons of condensing 
water per ton of ice-melting capacity, 
assuming a range of 30 degrees Fahr. in 
the condensing water, is 1340. The ice- 
melting capacity per lb. of coal, assuming 
3 lbs. of coal per hour per horse-power,^ 
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is 34.5 lbs., neglecting friction. Ammo- 
nia for ice-making conditions gives 40.9 
lbs. (Table VII.). 

No calculation can be made including 
friction, as there is no experimental data 
available in regard to the friction losses 
in this class of machine.* The power to 
drive the air-pump employed to preserve 
the vacuum of 1^ pounds in the con- 
denser is also not included in the analy- 
sis, so that in all probability the actual 
power would exceed the theoretical [WJ 
by about ten per cent. 

Another type of machine, using vapor 
of water, absorbs the vapor in sul- 
phuric acid, which is injected into the 
vacuum chamber and pumped out of the 
latter against a low pressure maintained 
in a still or concentrator, where the water 
in the acid is driven from it by heat, and 
from whence it is returned to the vacuum 
chamber. The principle of the action 
of this type of machine is similar to that 



* A machine recently constructed on this principle 
had a compression cylinder SO feet in diameter and 10 
feet high, moved at 90 revolutions per minute. 
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of an ammonia absorption machine, the 
volume of the circulating pump being 
much less than that of the compressing 
cylinder for the case, where no absorbent 
is used for the water vapor. The prin- 
cipal expense of power is the heat to 
dissociate and evaporate the water from 
the acid. A theory of the action of this 
type of machine is reserved for the sec- 
ond volume of this work. 
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